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Simulations of Scuffing Based on a Dynamic System Model
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Abstract: Scuffing, a major cause of failure in auto-
mobile engines, is considered as a dynamic process in
this study. Local adhesions may occur randomly in lu-
bricated contacts due to the existence of asperity contact
and breakdown of lubricating films. Scuffing would take
place if the local events develop rapidly into a large-scale
plastic deformation and catastrophic failure. A system
dynamic model established in the present paper allows
one to predict dynamic behavior of a tribological sys-
tem through numerical solutions of a group of differential
equations. Results show that a transition to adhesion be-
gins when the surface temperature goes beyond a critical
value, followed by a rapid growth of the adhesion area.
To understand the mechanism of scuffing, further inves-
tigations are required.
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1 Introduction

The study of scuffing can be traced back to more than
fifty years ago (Blok, 1937), and great efforts have been
devoted to this investigation. Experiments have been car-
ried out on various types of equipment, under different
operating conditions, and for different materials. Numer-
ous scuffing criteria have been proposed based on ex-
periment data. While the studies accumulated valuable
knowledge, the mystery of scuffing remains unsolved,
and design engineers have to largely relay on their ex-
periences to prevent the disastrous failure.

A remarkable feature in the study of scuffing is that con-
fusions and controversies have hung over this research
area for many years. The occurrence of scuffing has
been attributed to different sources such as instability of
hydrodynamic films (Johnson et al., 1988) desorption of
active chemical species (Spikes and Cameron, 1974), de-
struction of surface films (Cuotiongco and Chung, 1994),
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material plastic flow (Hirst and Hollander, 1974), or ac-
cumulation of subsurface damages (Ludma, 1984). Pro-
posed criteria for scuffing show a great variety, includ-
ing the critical surface temperature (Blok, 1937), max-
imum PV or PVT values, friction power intensity, sub-
surface stress, plasticity index, or a combination of tem-
perature, stress and material property (Sheireton et al.,
1998a and 1998b). In fact, there is little agreement even
on what scuffing is or what its appearance is (Sheireton
et al., 1998a). In a well-known definition, scuffing was
described as a “localized damage caused by the occur-
rence of solid-phase welding” (Peterson et al, 1982), but
Ludema (1984) believes it should be “a roughening of
surfaces by plastic flow”.

The confusions have slowed down progresses in scuff-
ing investigation. It is therefore necessary to state a few
notions related to this topic.

It is unlikely to expect that scuffing can only start from a
single origin. On the contrary, it may initiate from differ-
ent sources, depending on the operating and lubrication
conditions, but ends up with the final failure in a similar
form - a large scale welding. Furthermore, scuffing could
be excited by random sources, such as a flash temperature
or local damages caused by debris.

Scuffing is a process that undergoes successive but dif-
ferent stages. Confusions in the study of scuffing result
partly from a misunderstanding that takes a phenomenon
in a certain stage of the process as a general feature of
scuffing.

The process of scuffing is dynamic in nature. It could
either proceed rapidly from a local damage into a large
scale welding, or be stopped suddenly at any stage of the
course and switch to a running-in process. A remarkable
common feature of scuffing is that it goes to a non-linear
instability and catastrophic collapse at the final stage of
the process.

Based on these considerations, we are trying to develop
a theoretical model in this paper to characterize scuffing
as a dynamic process. Numerical simulations have been
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performed on the basis of the dynamic model, and re-
sults show that in addition to load and sliding velocity,
the environmental temperature plays an important role in
the occurrence of scuffing. It has to be emphasized that
scuffing is an extremely intricate phenomenon, and what
we have done here is only the first step in modeling such
a complicated process.

2 A dynamic model of scuffing

The dynamic model established in the present study is
for applications in design of piston-cylinder assembly. It
is therefore assumed that two lubricated surfaces are in
sliding contacts and scuffing may develop in the region
of mixed lubrication. The contact geometry of the system
is schematically shown in Fig.1.
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Figure 1 : Contact geometry and real contact area

The studies on rough surface contact have shown that a
nominal contact zone, predicted by the classical theory
of elasticity for smooth Hertz contact, is different from
the real contact area formed by interacting asperities. In
most circumstances, the real contact area takes only a

small portion of the nominal zone, as illustrated by an
enlarged view in Fig.1(b). Suppose that information on
film thickness is available, the real contact area, Ar, for a
stationary elastic contact can be estimated by integrating
the areas where h is zero.

Ar �
�

Ω

F�h�dxdy (1)

where Ω denotes the area of the nominal contact zone
and F(h� is a topological function defined as

F�h� �

�
0 when h � 0
1 when h � 0

(2)

Asperity contact does not necessarily mean a metal-to-
metal adhesion if surface films or absorbed species re-
main at the contact areas. When these protective sur-
face layers disappear for some reasons, such as high tem-
perature, plastic deformation, etc., a transition from lu-
bricated contact to a microscopic adhesion takes place.
Hence, the area of adhesion between two contacting sur-
faces can be calculated based on equation (2) but with a
small modification.

Aw �
�

Ω

R�T� p�τc�F�h�dxdy (3)

where Aw defines the area of metal adhesion or so called
‘cold welding’, and R(T, p,τc� is a transition function that
describes how many percentages of the real contact area
have been converted into direct metal contacts, due to
destruction of adsorbed layer or surface films. In gen-
eral cases, a transition from lubricated contacts to metal
adhesion can be caused by several factors, such as the
increases in temperature T, normal pressure p, or tangen-
tial stress τc. In applications to piston-cylinder assem-
blies where contact pressure is relatively small, it is as-
sumed that the stress-induced transitions are negligible,
and temperature becomes the only cause to initiate adhe-
sion. Under this assumption, the transition function R(T,
p,τc� has the simplest form of

R�T� �

�
0 when T � Tc

1 when T � Tc
(4)

This expression suggests that the transition to metal ad-
hesion occurs at the locations where the local tempera-
ture exceeds a critical value, and above the critical tem-
perature, the adhesion area would be independent of T .
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Equation (4) contains considerable simplifications of
course. First, adhesion may be caused by intense contact
pressure. The criterion for the pressure-induced transi-
tion relates to the material property, which has not been
included in equation (4) due to the assumption of mod-
erate contact condition. Secondly, the adhesion area may
keep growing after the transition, or may develop into a
large-scale plastic deformation under the combined ac-
tion of temperature, pressure and subsurface stress. In
other words, the value of the transition function could
exceed unity, increases continuously, and experiences a
second catastrophic change. A full analysis on the nature
of the transition function may require an understanding
of the material behavior under high temperature and ex-
treme stress, the discussions in this paper are limited to
the contact-to-adhesion transition caused by temperature
only.

In the present model, scuffing is assumed to initiate
from the metal adhesions in microscopic scale. For ma-
chine components in contacts under normal operation,
the value of Aw used to be small, but the microscopic
adhesions may be or may not be developed into scuff-
ing, depending on whether Aw remains stable or grows
rapidly. In this sense, the prediction of scuffing becomes
a matter of determining the value of Aw and its time evo-
lution.

According to equation (3), the adhesion area Aw depends
on four factors: surface temperature T , normal pressure
p, film thickness h and tangential stress τ c. Therefore, the
primary task in scuffing prediction is to calculate the dis-
tribution and time evolution of the four variables, which
can be achieved by solving following equations.

2.1 Surface temperature

Theoretically, the surface temperature T can be deter-
mined from the equation of heat conduction for solid
bodies,

ρiCi

ki

∂Ti

∂t
� ∇ �∇Ti (5)

with a boundary condition specified as

∂Ti

∂z

����
z�0�h

� Λiq�ki �T2�T1� at the contact surfaces (6)

In equations (5) and (6), the subscript i=1,2 referring to
the two surfaces in contact, ρi , Ciand ki stand for the

density, heat capacity and conductivity of the materials,
Λi is a coefficient providing the heat partition between
two surfaces, and q is the heat generated by interfacial
friction, expressed in the form of

q � µpV (7)

where µ denotes the friction coefficient, p is the normal
pressure distribution, and V stands for a sliding velocity.

2.2 Normal pressure

There are two types of pressure coexisting in mixed lu-
brication, generated by hydrodynamic flow or by asperity
contact, respectively. Hence, the normal pressure, p, may
be obtained through the Reynolds equation or solid me-
chanics. In the present study, a new approach presented
recently by Hu & Zhu (2000) will be employed, which
provides normal pressure distributions over the entire re-
gion of mixed lubrication by solving the Reynolds equa-
tion and its reduced form.

∂
∂x

�
ρh3

12η
∂p
∂x

�
�

∂
∂y

�
ρh3

12η
∂p
∂y

�

� U
∂�ρh�

∂x
�

∂�ρh�
∂t

�h � 0� (8)

and

U
∂h
∂x

�
∂h
∂t

� 0 �h� 0� (9)

Questions may arise for the creditability to use equation
(9) in the regions of boundary lubrication. However, we
believe that as film thickness decreases, the pressure dis-
tribution obtained from Reynolds equation will converge
to that predicted by the theory of elastic contact, pro-
vided the difficulty in numerical solution can be over-
come. This notion has been clarified by recent numerical
studies, more details can be found in references (Hu and
Zhu, 2000).

2.3 Film thickness

Film thickness is given by the following expression.

h�x�y� t� � h0�t��G�x�y��δ�x�y� t��V �x�y� t� (10)
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In this expression, G�x�y� is a function describing the ge-
ometry of contact bodies, δ�x�y� denotes the amplitude
of composed surface roughness, the third term, V �x�y� t�,
represents surface deformation caused by the normal
pressure, and h0 relates to the surface distance to be de-
termined through load balance.

W �
�

Ω

p�x�y�dxdy (11)

2.4 Tangential stress

As discussed previously, a nominal contact zone has to be
divided into several parts with different lubrication con-
ditions. As a result, the value of tangential stress, which
changes from one region to another, can be described by
the following expression.

τc �

��
�

µ f p for hydrodynamic lubrication
µb p for boundary lubrication
µa p for adhesion area

(12)

The four variables are strongly coupled with each other,
so that equations (5) through (12) have to be solved si-
multaneously and a numerically.

Equations (3) through (12) present a dynamic model,
which provides an opportunity for a numerical simula-
tion of scuffing process if the convergent solutions are
available within an acceptable computation time. Un-
fortunately, the simulation has been limited to the early
stage of the process in this paper, due to the difficulty in
establishing a mathematical expression for the transition
function R(T,p,τc�.

3 Determining surface temperature

As stated in the previous section that temperature distri-
butions on contact bodies could be determined through
a numerical solution of the equation of heat conduction,
but it require a huge amount of computational work, es-
pecially when the flash temperatures with sharp spark
and very short life are concerned. Since our major in-
terest is the surface temperature, a technique called the
‘transient point heat source method’ (Carslaw and Jaeger,
1986; Qiu and Cheng, 1998), has been employed in this
study to save computation times.

Consider two bodies in a point contact as shown in fig-
ure 1, in which the two surfaces move along the x di-
rection with velocities V1 and V2. Suppose an instan-
taneous point heat source of strength q�x �

�y�� t ��dx�dy�dt �

emitted at position (x �,y�� and time t � with no heat loss on
the boundary. The temperature rises caused by the point
heat source was derived by an analytical solution of the
equation of heat conduction (Carslaw and Jaeger, 1986).
For a distributed heat source, the overall temperature rise
at the position (x�y� and time t can be determined con-
sequently, by integrating the elemental temperature rise
over the spatial domain Ω and time interval (0, t�, which
gives an expression in a non-dimensional form of

∆T i�x�y� t� �
� t

0

� �
Ωc

fi�x
�
�y�� t ���

q�x��y�� t ��dx�dy�dt�

�t� t ��3�2

�exp

�
�
��x�x���V i�t� t ���2��y��y�2

�t� t ��

�
(13)

In the above equation, the subscript i=1,2 refers to the
two surfaces in contact, fi

�
x��y�� t�

	
denotes the heat par-

tition coefficients that describe how the heat is assigned
between two surfaces, and the heat flux density caused
by friction can be determined through equation (7) where
the friction coefficients µ have different values in differ-
ent regions, as expressed in equation (12).

The pressure distributions, to be used in calculation of
heat flux density q, were obtained with the program de-
veloped by Hu & Zhu (2000), which gave the solutions of
Reynolds equation (8) and its reduced form (9). The heat
flux partition coefficients f i�x��y�� t

�� were determined by
a condition of temperature balance.

Dividing the spatial domain Ω and time period (0, t� into
M�N elements and P time intervals, respectively, equa-
tion (13) for the temperature rises may be rewritten into
a discrete form.

∆T i�x�y� t� �
P

∑
k�1

M

∑
i�0

N

∑
j�0

fi�i� j�k�q�i� j�k��Ci�i� j�k�

(14)

where Ci�i� j�k� is the influence coefficient representing
the temperature rise at �x�y�, caused by a continue unit
point heat source emitted at (i� j� and in the time interval
k.



Simulations of scuffing base on a dynamic system model 451

In order to improve computational efficiency, a moving
grid method, used by Ren & Lee (1993) in calculation of
elastic deformation, was applied for constructing the in-
fluence coefficient matrix for temperature determination.
More details on the numerical approach can be found in
Liu et al. (2001).

4 Results and discussions

The process of scuffing has been studied numerically by
examining the surface temperature, the area of adhesion
and their time evolutions. As a preliminary effort in mod-
eling of scuffing, the adhesion triggered by plastic defor-
mation and the final system collapse due to high tem-
perature and stress were not considered. All computa-
tions were performed for point contacts, in which an infi-
nite smooth plane slid under a stationary spherical body,
whose surface might be either smooth or superposed with
a 2D sinusoidal waviness (Fig.1). Different initial body
temperatures were applied in order to check their influ-
ences on scuffing process. The duration of the process
under investigation was 0.236 second, divided into 60
time intervals. As a numerical example to show the capa-
bility of the model, values of µ f , µb and µa, correspond-
ing to the friction coefficients in the regions of hydrody-
namic lubrication, boundary lubrication, and metal ad-
hesion, were chosen from generally accepted database.
Other parameters used in calculations are listed in Table
1.

Table 1 : Parameters used in computations
Item Value
Load W 800 N
Rolling velocity U 100 mm/s
Geometry Rx, Ry 19.05mm
Amplitude of waviness σ 0.4 µm
Wavelength wx, wy 0.5a2

Lubricant viscosity η0 0.096 Pa s
Pressure-viscous coef. αg18.2 GPa�1 18.2 GPa�1

Young’s modulus E� 219.78 GPa
Friction coefficient µ f 0.05
Friction coefficient µb 0.1
Friction coefficient µa 0.4

4.1 Results for a smooth contact

To verify the model and the numerical approach estab-
lished in the previous sections, the first numerical ex-
ample is designed for determining temperature rise in a
smooth dry contact, i.e., both surfaces are smooth, no lu-
bricant exists, and the normal pressure obeys a Hertzian
distribution. Initially, the lower surface was sliding in
a constant velocity. The friction coefficient between the
two surfaces is assumed µb=0.1. After a period of time
(thirty time steps), the sliding was suddenly switched off,
and the system relaxed towards the equilibrium. Fig.2(a)
gives a temperature distribution on the stationary body,
calculated for a given initial temperature Tb=25C ˚ and
at the time just before the switch-off of sliding (time step
= 30). The shape of temperature distribution looks simi-
lar to that of normal pressure, which can be explained by
the factor that the pressure dominates the density of heat
generation. The maximum surface temperature, which
appears near the center of contact circle, has been plotted
in Fig.2(b) as a function of time. One can see from the
figure that the surface temperature rises in a very short
time and then disappears quickly after switching off the
sliding. It has to be noticed that the quick response of the
system reflects the nature of surface temperature while
the body temperature is expected to take much longer
time to reach the equilibrium.

4.2 Temperature in mixed lubrication

In this case, an isotropic 2D sinusoidal waviness, with an
amplitude of σ=0.4 µm and wavelength of wx=wy=0.5a,
has been superposed to the surface of the stationary body
while the lower smooth plane remains in the same slid-
ing velocity. When lubricant exists, the numerical analy-
sis shows that the two surfaces are in a regime of mixed
lubrication with a film ratio of λ=0.13, and a real contact
area of 47% (Hu & Zhu, 2000). Fig.3 gives the results
obtained at the initial temperature of Tb=25C ˚ . Fluctu-
ations in temperature distribution, due to the interacting
asperities, are observed in Fig.3(a). However, the gen-
eral trend of the maximum temperature is similar to the
smooth case that the surface temperature rises quickly
and reaches a stable value, as shown in Fig.3(b). In this
calculation, no transition to adhesion is observed, that is,
all asperities are in lubricated contacts. As a result, the
maximum temperature is stabilized at a relatively lower
level (Ts � 120C ˚ ).

It was found during the computation that the stable value
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Figure 2 : Temperature in a smooth point contact: (a)
A 3D view of temperature distribution (Tb � 25CÆ, time
step = 30) (b) maximum temperature vs. time

of the maximum temperature depended strongly on the
initial temperature Tb. For this reason, we did the same
calculation as that presented in Fig.3, but with a higher
initial temperature Tb = 110C ˚ . In this circumstance, a
critical surface temperature Tcr for the transition from lu-
bricated contacts to adhesion has to be specified. Unfor-
tunately, the value of Tcr would not be available until a se-
ries of carefully designed experiment was conducted and
the mechanism of the transition was fully understood. To
exhibit dynamic behavior of the system, however, a ten-
tative value of Tcr = 200C ˚ has been used in the present
study. The results in Fig.4(a) show that the temperature
distribution is in a similar shape with that in Fig.3(a), but
it is stabilized at a higher level. Fig.4(b) gives the max-
imum temperature as a function of time from which one
can see a step jump in Tmax, indicating that a transition
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Figure 3 : Temperature in mixed lubrication: (a) A 3D
view of temperature distribution (Tb � 25CÆ, time step =
60) (b) maximum temperature vs. time

takes place when Tmax reaches the critical value. The time
evolution of the adhesion area, Aw, has been also plotted
in the same figure, which demonstrates that the adhesion
develops rapidly after the temperature goes beyond the
critical value, and all the real contact areas have been
transited into adhesion within a very short time. Based
on the numerical results, contour plots of the adhesion
area at different times have been displayed in Fig.5 that
illustrates the development of adhesion.

Fig.4(b) and Fig.5 show the initiation and development
of metal-to-metal adhesion. Furthermore, the effect of
the initial body temperature can be observed by compar-
ing Fig.4 and Fig.3. For a given combination of mate-
rials, contact geometry, surface roughness and operation
conditions, there may be a threshold of the initial body
temperature, beyond which the adhesion will initiate and
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Figure 5 : Contour plots of adhesion area (a) time step=30 (b) time step=34 (c) time step=60
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Figure 4 : Temperature in mixed lubrication: (a) A 3D
view of temperature distribution (Tb � 110CÆ, time step
= 60) (b) maximum temperature vs. time

then grow up quickly.

It is assumed that if surface temperature goes below the
critical value, lubrication film will be automatically back
in function, healing the adhesion spot. However, this
self-healing process was not observed in the above exam-
ple, partly due to the stationary roughness was employed.

Finally, the numerical results presented in Fig.4 and Fig.5
may not reproduce a complete scuffing process since
both temperature and adhesion area were stabilized again
after the transition. The adhesion area can be further ex-
panded by a large friction force or shear stress, and the
high temperature may soften material, leading to a large-
scale plastic deformation under the action of normal pres-
sure and shear stress. Most likely, there will be another
transition in the later stage of scuffing, which leads to the
final collapse of the system. This will be the next target
of the investigation.

5 Conclusions

In the present study, scuffing is considered as a dynamic
process that initiates from local or microscopic adhesions
and ends up with a large-scale welding. A dynamic sys-
tem model has been established, which allows to predict
dynamic behavior of a tribological system through nu-
merical solutions of a group of differential equations. To
improve the computational efficiency, a transient point
heat source method has been introduced in evaluation of
surface temperature. Results show that a transition to ad-
hesion begins when the surface temperature goes beyond
a critical value, and the adhesion area grows rapidly. We
realize that scuffing is an extremely complicated phe-
nomenon, and the present work is only a preliminary
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effort to develop a numerical model that describes the
early stage of the process. To understand the mechanism
of scuffing, further investigations in both theoretical and
experimental aspects are required.
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