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Atomistic Modeling of the Structural and Thermal
Conductivity of the InSb

José Pedro Rino1, Giovano de Oliveira Cardozo1 and Adalberto Picinin1

Abstract: A new parametrization for the previous empirical interatomic poten-
tial for indium antimonite is presented. This alternative parametrization is designed
to correct the energetic sequence of structures. The effective empirical interatomic
potential proposed consists of two and three body interactions which has the same
functional form of the interatomic potential proposed by Vashishta et. al. to study
other semiconductors (Branicio et al., 2003; Ebbsjo et al., 2000; Shimojo et al.,
2000; Vashishta et al., 2008). Molecular dynamics simulations (MD) are performed
to study high pressure phases of InSb up to 70 GPa and its thermal conductivity as
a function of temperature. The rock-salt to cesium chloride, expected to occur at
high pressures, is observed with the proposed interatomic potential.

1 Introduction

The interest in developing empirical interatomic potential for materials is still very
important. These empirical potentials express the total energy of the system of
atoms as a function of its atomic positions. The most important feature of a good
empirical potential is not only it accuracy but also its transferability (Brenner,
2000). The importance of a potential function relies on simplification of the quan-
tum mechanics and ab initio complexity. These simplifications are very important
once it can provide analytical solutions of materials properties (Chiang et al., 2008).
In particular for semiconductors, elemental or not, several empirical potential has
been proposed (Branicio et al., 2003; Brenner, 2000; Chakrabarty and Cagin, 2008;
Chatterjee et al., 2000; Erkoç, 1997; Rino et al., 2002; Stillinger & Weber, 1985;
Tersoff, 1988a; Tersoff, 1988b; Tersoff, 1988c).

In particular for indium antimonite Costa et al (Costa et al., 2002; Costa et al.,
2003) had proposed an empirical interatomic potential, based on the Vashishta-
Rahman potential, (Vashishta and Rahman, 1978) in which the structural phase
transition from zinc blend to rock salt induced by pressure was presented. Un-
fortunately the parametrization of these interatomic potentials, besides describing
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correctly the first structural transformation and some dynamical properties, do not
describe correctly the stability of the structures for this material as well as the other
structural transformation at high pressures.

In this paper a new parametrization for InSb is presented but keeping the same func-
tional form for the interatomic potential used before. Phase transformation induced
by hydrostatic pressure and thermal conductivity as a function of temperature are
then analyzed.

2 The interatomic potential

The energy is modeled as a sum of two and three body interactions. The pair
potential includes Coulomb, steric repulsion, charge-dipole and dipole-dipole in-
teractions. The three body interactions consider bond bend and bond stretching.
The total energy interatomic potential reads:

Φ = ∑
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The two body term of the potential is truncated at rcut and shifted for r < rcut in
order to have the potential and its first derivative continuous at the cutoff distance
(Allen and Tildesley, 1987; Nakano et al., 1994). The shifted pair potential is given
by
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Here r ≡ ri j =
∣∣~ri−~r j

∣∣ is the distance between ith atom at position~ri and jth atom
at position ~r j, and λ and ξ are the screening lengths for Coulomb and charge-
dipole terms, respectively, θ jik the angle formed by~ri j and~rik, and C jik and θ̄ jik are
constants. Θ(r0− ri j) is the step function.

Table I summarizes the values for the strength of the steric repulsion, Hi j , the
effective charge (in units of the electronic charge |e|),Zi, the strength of the charge-
dipole attraction, Di j, the van der Waals interaction strength, Wi j, the exponents of
the steric repulsion term, ηi j, and the strength of the three body interaction B jik,.

Table 1: Parameters for two- and three-body parts of the interaction potential used
in the MD simulation. The old set of parameters is also displayed in parenthesis.

Two-body

In Sb
Zi(e) 0.8167 (0.9318) -0.8167 (-0.9318)

λ=7.0 (5.0) Å ξ =3.75 (3.75) Å rcut = 10.9 (7.5) Å e = 1.602×10−19 C
In-In In-Sb Sb-Sb

ηi j 7 (7) 9 (9) 7 (7)
Hi j (erg.Åη ) 9.6284×10−10 2.2422×10−8 7.3083×10−9

(5.5933×10−10) (2.4105×10−8) (1.2022×10−8)
Di j (erg.Å4) 0 1.54061×10−11 3.08122×10−11

(0) (6.0164×10−11) (12.0327×10−11)
Wi j(erg.Å6) 0 (0) 14.041×10−10 0 (0)

(14.539×10−10)

Three-body
B jik(erg) θ̄ jik(o) C jik (Å) γ Å) r0 (Å)

In-Sb-In 6.840×10−12 109.4712 8.7 1 3.8
(7.83×10−12) (109.4712) (40) (1) (3.8)

Sb-In-Sb 6.840×10−12 109.4712 8.7 1 3.8
(7.83×10−12) (109.4712) (40) (1) (3.8)

Table 2: Selected experimental quantities used to parameterize the interatomic po-
tential.

MD Experiments(∗)

a (Å) 6.473 6.473 (at 173K)
Cohesive energy (eV) 2.800 2.795
Bulk modulus (GPa) 45.68 45.63

Elastic Constants (GPa)
C11 65.8 65.7
C12 35.7 35.6
C44 43.4 25.2

(∗) See Refs. (Harrison, 1980; Madelung et al., 1982).
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All simulations reported here were done in NPT ensemble with systems containing
1000, 10648, and 110512 particles. The equations of motion were integrated using
velocity Verlet algorithm with a time step of 1.5fs.

As before, the parametrization was determined by fitting cohesive energy, bulk
modulus, the lattice constant, and the elastic constant. Table II display the experi-
mental and the values obtained by the simulation with the new parametrization.

Figure 1 shows the energy per particle versus volume per particle for Zinc Blend
(ZB), Wurtzite (W), Rock Salt (RS), and Cesium Chloride (CsCL) structures. Us-
ing previous parametrization wurtzite phase was more stable than ZB. Here ZB is
more stable than wurtzite by 3.4 meV/N.
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 Figure 1: Total energy per particle as a function of the volume per particle for
wurtzite, zinc blende, rock salt and cesium chloride structures (Å3).

Further validation of the model was obtained by calculating the vibrational density
of states as shown in Fig. 2. The deformable-bond approximation (DBA), (Bilz &
Kress, 1979; Kunc et al., 1975) which is based on the experimental phonon dis-
persion relation reported by Price et al., (Price et al., 1971) are in good agreement
with the calculated density of states. Once the results from the simulation repro-
duce very well these quantities, all parameters in the interatomic potential are kept
constant to simulate other properties.

3 Phases Transformation under hydrostatic pressure

Starting with a zinc blend phase at fixed temperature, the external pressure was
increased in steps of few MPa every 2000 time steps, up to 70 GPa. Figure 3 below
shows the reduced volume V/V0 as a function of the external pressure (V0 is the
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Figure 2: Vibrational density of
states calculated at 300K along with
deformable-bond approximation results
(Bilz & Kress, 1979; Kunc et al., 1975).
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Figure 3: Volume fraction as a function
of pressure. V0 is the volume at zero
pressure. Experimental results are from
Ref. (Vanderborgh et al., 1989).

volume at zero pressure). The ZB structure is dynamically stable up to 3.0GPa, and
the agreement with experimental result of Vanderborgh et al (Vanderborgh et al.,
1989) is very good. The inset display the equation of state for the ZB phase.

The sudden drop in volume around 3GPa indicates that a first order phase transi-
tion took place. Pair distribution function, coordination number and bond angle
distribution just before and after the transformation indicates that the new phase
has features of a rock salt structure – see Figs. 4. A further increase in pressure
causes new drop in volume at 49GPa, and a new first order transformation occurs.
Structural characterization using two and three body correlations (Figs.5) indicates
that this new phase has features of a cesium chloride structure. The CsCl phase is
stable up to 70GPa (the maximum simulated pressure) and the backward transfor-
mation occurs with a large hysteresis, back transforming to RS at 20 GPa. Further
reduction in pressure shows that the RS phase is stable up to 0GPa. It has been
conjectured that the CsCl should be the natural high pressure phase, but as far as
we know it has never been confirmed experimentally. (Mujica et al., 2003).

Figure 6 depict the In-Sb bond distance defined as the peak position of the partial
In-Sb pair distribution function as a function of the applied pressure. Up to 3GPa
the system responds elastically under compression followed by a sudden increase
in bond length at the transformation to the new phase. Further increase in pres-
sure the elastic compression is again observed when around 49 GPa another phase
transformation occurs as is shown by the new sudden increase in bond length. Up
to 70GPa the system responds elastically. The backward transformation CsCl to
RS structure shows a large hysteresis, but the RS phase remains stable up to zero
pressure.
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Figure 4: (a) In-Sb pair distribution
function and coordination number, (b)
In-Sb-In bond angle distribution for
pressures just below and after the first
structural transformation.
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Figure 5: (a) In-Sb pair correlation
function and coordination number, (b)
In-Sb-In bond angles for pressures just
above and below the second structural
phase transition.
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Figure 6: In-Sb bond length as a func-
tion of pressure. Large changes in bond
length explicitly display the ZB to RS
and from RS to CsCl transitions.
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Figure 7: Heat current auto correlation
function, calculated at T =300K, as a
function of time. Averages were taken
over 1500 samples.
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4 Thermal Conductivity

Due to the good description obtained with the proposed interatomic potential in
describing the sequence of structures, the ZB structural and dynamical properties
as well as its pressure induced transformation, motivated us to use this empirical
potential to study thermal conductivity in this system.

Thermal conductivity coefficients can be obtained using a fast Monte Carlo simula-
tor for phonon transport, (Huang et al., 2009) with equilibrium molecular dynamics
(Cahill et al., 2003) simulations or non-equilibrium molecular dynamics methods
(Schelling et al., 2002) among others. The equilibrium MD is based on Green-
Kubo (Kubo, 1957) relations, and the non-equilibrium MD is the direct method
where the Fourier law is used (Baranyai, 1996; Baranyai, 2000; Baranyai, 2001).

In the equilibrium case the thermal conductivity coefficient is obtained by the
Fourier transformation of the average equilibrium thermal current autocorrelation
function in the limit of zero frequencies, (Allen and Tildesley, 1987; Hansen and
McDonald, 1976) as can be seen in the Eq. (7) below, which is commonly named
Green-Kubo relation,

κ =
1

V kbT 2 lim
ω→0

[∫
eiωt

〈
~Jx(0) · ~Jx(t)

〉
dt
]

(7)

where kb is the Boltzmann constant, T is the system temperature and V is the system
volume.

The x component of the heat current vector is given by

Jx(t) =
N

∑
i=1

vxiεi +
N

∑
i=1

N

∑
j=1+1

vxi(~Fi j ·~ri j) (8)

where

εi =
1
2

mivi2 +
n

∑
j=1

ui j. (9)

To obtain a good convergence for the average heat current autocorrelation functions
it is necessary a large number of time steps, once the sampling time interval needs
to be long enough to avoid any finite time effect, and a high number of samples is
desirable to minimize statistical error.

We performed equilibrium simulations in a cubic system, with 5 unit cells side,
totalizing 1000 particles, and periodic boundary conditions in all directions. At
a constant temperature the average thermal current autocorrelation function was
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Figure 8: Thermal coefficient cal-
culated as a Fourier transform of
the current-current correlation function
(Eq. 7) calculated at T=300K.
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Figure 9: Thermal conductivity (blue
dots) as a function of temperature cal-
culated from equilibrium molecular dy-
namics simulation. Red line (Busch
& Steigmeier, 1961) and open triangles
(Magomedov & Bilalov, 2001) repre-
sent the experimental values.

calculated for a 20000 time steps sampling interval. The average was made over
1500 samples in a 3.107 time steps long run. Each time step represents 1.5fs, so
the time interval used for the thermal current correlation function was 30ps. It was
verified that this time interval was long enough to stabilize the average calculation,
minimizing finite time effects.

Once the average function was obtained, its Fourier transformation was calculated
(Eq. 7), in the limit of zero frequencies, to obtain the thermal conductivity coef-
ficient. This procedure was repeated for five different temperatures, 300K, 400K,
500K, 900K and 1000K.

In the equilibrium simulations it can be seen that the sampling time interval chosen
for the heat current autocorrelation function calculation was long enough to avoid
any finite time effect. In the Fig. 7 it is clear that for a time about 15ps the average
autocorrelation function reaches a stable regime. For higher temperatures (data not
shown) the stabilization occurs for even smaller times.

The Fourier transform of the autocorrelation function is shown in Fig. 8 and in the
limit of zero frequencies it gives a value about 10Wm−1K−1 for the thermal con-
ductivity coefficient, which is in a reasonable agreement with experimental value
reported by Busch and Steigmeier (Busch and Steigmeier, 1961) and Magomedov
and Bilalov (Magomedov and Bilalov, 2001). Figure 9 display the calculated ther-
mal coefficient (filled squares) as a function of temperature along with experimental
values reported by these authors. Very good agreement is observed.
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5 Conclusions

In summary, with the new parametrization for InSb we performed a NPT molecular
dynamics simulation to study its pressure-induced transformation and the thermal
conductivity. At zero pressure the vibrational density of states is correctly described
and when applying hydrostatic pressure two first order transitions were observed:
ZB to RS and to CsCl structures. The transition and the equation of state were
correctly obtained, in very good agreement with experiments. Although the CsCl
phase have been proposed as a final high pressure structure, it was not yet observed
experimentally. Studies in nanorods have shown evidences of unusual structures
(Yousuf et al., 2003). The interatomic potential proposed is very transferable and
could be suitable to explore this new phases. The thermal conductivity as a function
of temperature, obtained through the Green-Kubo formula, is also in good agree-
ment with experimental results.
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