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Abstract: The interval type-2 fuzzy sets can describe nonlinear plants with uncer-
tain parameters. It exists in nonlinearity. The parameter uncertainties extensively
exist in the nonlinear practical Networked Control Systems (NCSs), and it is para-
mount to investigate the stabilization of the NCSs on account of the section type-
2 fuzzy systems. Notice that most of the existing research work is only on account
of the convention Parallel Distribution Compensation (PDC). For overcoming the
weak point of the PDC and acquire certain guard stability conditions, the state
tickling regulator under imperfect premise matching can be constructed to steady
the NCSs using the section type-2 indistinct muster, where the fuzzy plant and
fuzzy regulator may enjoy together not the same membership functions. By lead-
ing into the message of the up and down membership functions of both the fuzzy
pattern and fuzzy regulator, we build a new composed term of the section type-2 net-
work systems. The new results we obtained can provide a larger area of stability
than the conventional membership unconcerned stability results. Moreover, a novel
unmatching state feedback controller design method for the interval type-2 net-
worked systems is explored in our work. The proposed approach can significantly
improve the design flexibility of the fuzzy controllers, because their membership
functions can be arbitrarily selected. Two numerical examples are further used to
demonstrate the less-conservativeness and effectiveness of the novel technique.

Keywords: Network control systems; stability analysis; interval type-2 fuzzy
systems; controller design; imperfect premise matching

1 Introduction

As we know, the Takagi-Sugeno can efficacious express non-linear dynamics, and often is called a type-
1 system [1]. Unfortunately, the type-1 fuzzy sets have some difficulties in describing the nonlinear plants
with uncertain parameters. In order to handle this drawback, Zadeh [2] introduced the type-2 fuzzy sets
as an extension of the type-1 fuzzy sets. In view of the type-2 fuzzy sets, Mendel et al. [3] proposed the
section Type-2 (IT2) fuzzy sets. During the past decades, the IT2 fuzzy model has been widely applied in
practice [4,5]. For example, in Lam et al. [6], the stability area and the fuzzy regulator for the IT2 fuzzy
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model-based system were examined, in which the parameter non-determinacy are captured by both the up
and down grades of fuzzy membership. Most of the controller design methods reported in the literature
are inspired by the PDC scheme, and the fuzzy pattern and fuzzy regulator are provided with the identical
membership functions. Nevertheless, Lam developed the concept of “imperfect premise matching” in
Lam et al. [7], i.e., the membership functions of the fuzzy regulator probable be distinct from fuzzy
model. The stabilization issue of the type-1 systems was investigated in Zhang et al. [8—11]. Li et al.
[12,13] generalized these research results to the IT2 fuzzy model with the imperfect premise matching,
thus improving the flexibility in highway design and cutting down the complexity of implementation.
More work on the Interval type-2 fuzzy model stability conditions and controller design was presented in
Wu et al. [14-16].

The Networked Control Systems (NCSs) have been got a lot of attention owing to their theory and
reality purport [17]. Compared with the conventional point-point connections, the network systems
reduce the heavy expenses of cables and facility maintenances. The network systems have found
numerous applications in the fields of automobile, aerospace, industrial manufacturing, etc. [18-21].
Moreover, It is difficult if not impossible to guarantee the steadiness of the NCSs. what to analyze and
devise the stability requirement for the T-S under NCSs has been a popular research topic [22,23]. Such
as in Chi et al. [24], the networked H, filtration with many output and many transducer nonsynchronous
take sample for the T-S fuzzy systems was explored. By drawing into Laypunov-Krasovskii function to
analysis the robust stability and the project of the state feedback for the NCSs in Rouamel et al. [25].
Actually, the above issues were received in view of the type-1 fuzzy set theory. NCSs also have
parameter uncertainties, and considerable research work concerning the sector type-2 fuzzy pattern has
been carried out [26,27]. However, the current efforts on the controller design are mainly inspired by the
convention PDC idea. For the sake of overcoming the shortcomings of the PDC and receive a number of
less conservative stability conditions, a novel devise way was put forward to manage the unmatching
premise of the type-1 systems [28]. It is necessary to further investigate the controller design scheme
under the imperfect premise matching for the Interval type-2 T-S fuzzy systems under NCSs.

In this article, the innovations of the paper are as follows:

e A less conservative stability conditions are obtained.

e The unmatching regulator is designed for the nonlinear NCSs in view of the Interval typ-2 T-S, which
makes the regulator design simpler and more flexible.

e The proposed method can be generalized to other types of nonlinear control systems.

The rest of our article is arranged as follows. In Section 2, the controller design problem under
consideration is represented in details. In Section 3, the synthesis of the state-feedback type-2 fuzzy
controller under the imperfect premise matching is presented. In Section 4, for explaining the

practicability and validity of the recommend technique, we give two numerical examples. Ultimately, In
Section 5, we summarize this paper with some remarks and conclusions

2 Preparatory Knowledge
Here the interval type-2 T-S fuzzy model can be described as follows:
The ith rule can be represented as follows:
IF p,(x(2)) is A% ... p,(%(2)) is A THEN

2(t) = Ay (1) + Biu(t), (1)
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AN, oa=1,2,...,k5i=1,2,...,11is the number of the fuzzy rules. A;, B; are the constant matrices.
u(t) € R™ is the input vector, y(z) € R”" is the state vector.

We have:
Hi(X(t)) = [Qz(X(t)) _i(X(t))]7i: 1,2,---,1 (2)
where

0,00) = [Lac (02 (20) = 0. 61(2(0)) = [ [ (o)) > .

They content the character of 1 > iiy; (p,(%(2))) > uy: (p,(x(2))) = 0, and 0,(x(7)) and 0:(x(¢)) show
the down and up grades of the membership. Then we have

/

(0) =D 0:(x(0)[Aix(t) + Bip(o)), 3)

where

0x(0)) = F ADA0)_
) (0G0 (2(0)) + 0, (0) (1))

1

1

!
in which " 0;(%(¢)) = 1, and v;, v; € [0, 1] are the nonlinear functions with v,(y(¢)) + 0(x(¢)) = 1.
i=1

In this article, The system in Eq. (1) through IP based network control, system status can be used for
feedback, as shown in Fig. 1 [29].
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Figure 1: The interval type-2 networking system diagram

Distinct of the famous Parallel Distributed Compensation (PDC) plan means, we adopt a new
unmatching fuzzy control law to make the interval type-2 fuzzy systems in Eq. (3) stable. For the NCSs,
the transducer is clock-driven and A(h > 0) express the sampling period is constant. The regulator and
actuator are eventdriven. Suppose that 4(h > 0) express the sampling cycle of the semaphore, and the
Ah(A =1,2,3---) express the Ath acquisition time.
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Under imperfect premise matching, we have the following fuzzy regulator:
Rule j: IF oy (1(Ah)) is T)... 6x(y(Ah)) is T, THEN

wt) =Zy(An),  j=12,.... L t€Ah+1,(A+1Dh+1yua],A=12, -, 4)
where Z; are the unknown tickling gains to be pending. On the other hand,
g(1(0) = [g(x() &((1)], €M+, (A+ Dh+ 1], A=1,2, -, )
where
A A
= [T onte() > = [T (o) = 0.

For t € [Ah + ¢, (A + 1)h + 7441, we have
!
= 2 [5010) + & (o)) Zz(Ah), (©)
Jj=1

Here the upy (op(x(1))) and u tiy (op(x(1))) express the down and up membership functions. They satisfy
the character 0 £ Upy (ap(x(2))) </UF/ (aﬁ (1)) < 1. g(x(¢)) and &((¢)) express the down and up grades

of the membership ﬁmctlons We have

> g ((0) +g(x(0)] = 1. (7

J=1

Owing to the network slowdown is invariably bounded, The input delay is:

(t)y=t—Ah, 0<71(t)<ec. (8)
where c is the upper limit of the lag. Putting Eq. (8) into Eq. (6), the following regulator can be shown:
I
u(t) = [5((0) +5(x(0)] Zx(t = <(0)). ©)
j=1

20) =3 > 0:x(0) G (1)) + & (1(0)) % [Aix(e) + Bizy(t — (1)) (10)

Lemma 1 [30] For p(v) € R",v > 0, D = D! € R™", supposing that there has y(t) € R",t € [v{, ],
for o(v) € R",v > 0, D = DT € R™", we have:
V2 V2
2070 [0 < (=) Do) + [ 7 (@D (11
Vi Vi
Lemma 2 [31] Z;, Z,, and 2 are constant matrices, and 0 < 1(¢) < d. We have
()2 + (d — 1(¢))2, + Q2 < 0. (12)

if and only if d=; + Q2 < 0 and d=; + 2 < 0 set up.
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T
Lemma 3 [32] The [oc ﬁé } > 0 is equivalentto 6 > 0, — 767" > 0, where « = o, 6 = 67, and
p is a matrix . B

3 Main Results

Theorem 1 When the membership functions satisfy &(x(1)) — p;0;(x(r)) >0 and
&(x(t)) — p;0;(x(¢)) = 0 for all j, x(¢), where 0 < d; < 1, and for given invariant ¢ > 0 and matrix Z,
and there exist matrices P > 0,R > 0,0 > 0,g, =g/ € R"** > 0(i=1,2,---,1),T;,(i=1,2,3,4) and
05=[01; Oy 0 O], Uy=[0 Uy Uy 0] Y;=[Yy Yy 0 0]",8;=[0 Siy Sy 0]
of such that the following LMIs hold:

-q),»j*—gz- i?;e] <0, (13)
:%*— g i(c]fe} <0, (14)
[di®; — digi + cilzgy] <0 (15)
[d;®;; — figi +&i Ciiicléij] <0, (16)
_ iZij+_dil§fi++; . (405 +40;) | <o, an
L * —cR

L * —cR

-@ij*—gz- fife] <0, (19)
:@,-,*— gi fife] <0, (20)
:d,-@[,- ~dgite Cffjg] <0, @1)
:dz‘@ii - figi +8&i Ciizcié;} <0, (22)
_ f{gg—_djgf—;]i@ﬁ C(deij + dini> ] <o, 23)
L * —cR

_ fll’{gl]——df]g;gz—i_ +gflf)jgl] c<djS,-j + diSjl) ] <0 (24)
L * —cR
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where
o oy 0 P+ Ty +ATT
o _ | * ®  “Uy+UL  ~T-Z/BT]
y * * _UZU_U2Tjj_Q _T ,
* * * CR—Ty—T7

o' = 01;+00;+ 0+ TA + AT,
;= =01+ 03 — TiBiZ; + AT,

CI);'Z = =0y — Oszj+ Ui + UlTij - 1:B,Z; —ZJ.TBI_TTZT,

e} o} 0 P+ T+ AT
0= | * o7  —Sy+S8y; —Th-Z'B[T] 7
ok =Sy — 85,0 —T3
* * * cR—T, — T4T

0 =Yiy+ Y{;+ O+ TiA; + AT TY,
0,7 = —Yiy+ Yy; — 1BiZ; + A T;,
942/'2 = —Ta — Y27;'j + 817+ SITl-j — I,BZ; — ZjTBl.TTzT.

Here, “*” represents the transposition of symmetric position elements, then the fuzzy type-2 NCSs
described by Eq. (10) is asymptotically stable.

Proof. Select the following Lyapunov function:
T(x(1)) = Ti(x(1)) + T2 (x(1)) + T3 (x(1)), (25)

where

t 0 t
Ti(0) = 7 WP, o) = [ 7 60ub. o) = [ [ iR s)asat
We take the derivative of 7(y(¢)):
T((0) = Ta(0) + Ta0) + T (40), 26)

where
Ty (2(0)) = 7" (0)Px(2) + 1 (1) Py(0),
Ta2(x(1)) = 2" (10)0x(2) — 1" (1 — ) Ox(t — ¢),

t—1(t)

o) = e ORi0) — | 7 ORes =i R0~ [ 7R~ [ R

—C

There  exist some  matrices O;=[01; Oy 0 O]T,Uij:[O Uy Uy O]T,Yij:
[y Yoy © O]T,Sij:[O Sty S 0], here we use Newton-Leibniz, we have
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I M\

/ [ ¢
Z ) (1(1))2E(0)" Oy | (1) — 2(t = (1)) — /t i X(S)dSI =0,

[ 1—(1)
Z D20 Uy ale = <(0) = st =) = | z<s>ds] =0,

HM HM

Z )2E(0)" Yy | 2(8) = 2t = 7(1)) — /t (1) ﬂs)ds] -

[ —1(t)
>3 )t 0TS, |t <) o~ )~ [ ;z(s)ds] -0,

where
=" A=) e O]

For any matrices 7;,i = 1,2, 3,4, we have :
L T T — 1
23050 ) + sro) | LT T
[Aix(t) = BiZiy(t = (1)) — 1(1)] = 0.
By Lemma 1, we get

26070, [ its)is <000 0JE + [ 7T Ru)as

t—1(2)

t—1(¢)
~26(1)"Uy / ¥(s)ds < (d — (1) (OURUTE(r) + / £ (5)Ra(s)ds,

t—c t—c

2207 [ s < 0 O e + [ R

t—1(¢)

t—1(¢)
~2¢(1)"s; / ¥(s)ds < (d — 2(0)ET(OS;RSTE(D) + / 77 (5)Ry(s)ds.

t—c t—c

With the above equation, we have

[Z 3 0 (q»,] + (1) OyR™OF + (d — r(t))Ui,R‘lU”

i=1 j=1

[ZZQS,( i TR YT+(d—f(t))SUR—lsg)lé(t).

i=1 j=1

&(1)

Let

W) = @ + 1(1)OR ' OL + (¢ — 1(1)) UsR UL,

Ui =0y + ()R] + (¢ — ©(0)SR™'S],

179

@7

(28)

(29)

(30)

€2))

(32)

(33)

(34

(35)

(36)

37
(38)
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where

o @7 0 P+ T +ATTT
d; = * (1)5'2 Uy + UzTij -7, — ZjTBiTT4T

i * ¥ —Uy— Uy — 0 —Ts
* * * CR—T4—T43w

D) = 01+ O, + 0+ ThA + ATT],
<I>il/'2 =0y + OzTij — 1Bz —|—AI-TT2T,
CI);'Z = =0y — OzTij + Uy + UlTij - 1:B,Z; —ZJ.TBI_TTZT,

o) ok 0 P+T,+ATT]
S * @5_2 =0y + Ole.j —Ty — ZJTBiTszT
i * * _024‘/' — Ogy -0 _T
* * * ¢R—T,—TT
1 _ -
@ Y1U+Y111+Q+T1A —|—A Tl?
@}/'2 =Y+ Y2T;'j — 1Bz +AiTT2T,
O] = —toy = Yl + Sy + T, — TiBiK; — 2B 1.

From Eq. (34), it is obvious that if
1
1
3 05} <o

9181\11 < 0.

i=1 j=1

we have T(y(t)) < 0. Next, we will consider the following equation

21:01 —~ :Ze,(i@ zl:j

1 i=1 Jj=1

0, 0; —sj g =0.
i=1 j=1

where g; =gl € R¥* > 0,i=1,2,...
added to Egs. (39) and (40), we have

)

) = zl:f)i(l —1)gi =0,
i=1

IASC, 2021,

vol.27, no.1

(39)

(40)

(41)

(42)

,1. For reducing the conservativeness, the above equations are
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T, 1
i

/
0,0} = 2298]@; +> > 00— g +db — di))g

=1 j= i=1 j=1

00, (0}~ dg &)+ 33005 - 0) () - &)

1 i=1 j=1

S

I
.MN
MN

Il
-
~.

Il
—_

-
M-

1

I
< E 02 (di‘I’}i —digi+gi) + Z E 0; (§j — dj)) (‘I}; - g")

1 i=1 j=1

43)

~

0N 0 () + A — g — g+ gt g,

MN

0:(e — 40)) (03 - g1)+

/
0 <Y (49— dgi+g) + >

i=1 i=1 j=1

(44)
!

>0 (4w + vl — digi — digy + &+ &)

=1 i<y

If & —dif;>0 and & —d, >0, & —dt; > Oand 0; —d;6; > 0 hold. With ¢ —d;0; >0 and
& — d@ >Olet

U, —g <0, (45)
diV), — digi + g <0, (46)
AV, +diV — digi — digi + gi + g < 0,i </, 47)
U —g <0, (48)
di‘I’izi —digi+gi <0, (49)
GV + iV}, — digi — digi + g + 8 < 0,i <. (50)

The Egs. (45)—(50) are equivalent to the following inequalities on the basis of Eq. (37), Eq. (38) and
Lemma 2:

®; — g + cOR™' 0}, <0, (51)
®; — g+ cUR U <0, (52)
di®; — digi + gi + cd;05R ' O}, < 0, (33)
di®i; — digi + & + cd;UR™' U] <0, (54)
di®; — dig; + di®;; — dig; + cd;O;R " O], + g; + cd;0;R ™' O} + g < 0, (55)
di®y — digi + di®j; — dig; + cd;UyR™' U] + d; + cd;UR™' U + d; < 0, (56)

O — g + cYyR™'Y] <0, 57)
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Oy — g+ SRS <0, (58)
di®; — digi + cd;Y;R™'Y] + g <0, (59)
di®;; — dig; + cdiSR™' S} + i < 0, (60)
40y — dig; + diOj; — digj + cdiY;R™' Y] + gi + cd;Y;R™' Y] + g; <0, (61)
di0; — dig;i + diOj; — digj + cdiSyR™'S] + g + cdiS;R 'S + g; < 0, (62)

We can see from Shur complement, the above inequalities Eqs. (51)-(62) are equivalent to
Eqgs. (13)—(24). Since T'(x(¢)) < 0, the system described in Eq. (10) is asymptotically stable.

Remark 1 We consider the relationship between the membership and the fuzzy regulator in Theorem 1,
which is more relaxed than the stability condition that does not consider the information of the membership
(Corollary 1). When 6;(x(¢z)) = €i(x(¢)), Theorem 1 can be reduced to Corollary 1 below, i.e., the
membership function independent stability condition.

Corollary 1. The scalars ¢ and the matrix Z; are given, the Eq. (10) is asymptotically stable, if there
exist matrices P>0,R>0,0>0,T,(i=1,2,3,4) and 61']':[@1,']' (~)2,~J- 0 O}T, l~/,-j =
[O f]l,-j f]z,-j O], f’ij = [f’l,-j }72,-]- 0 O]T,S’,-j = [0 S‘lij S‘zij O}T make the under non-equality
set up:

(Bl B2 0 P+ T, +AlTI cOy
* ,:{_)éz :Elij + E2Tij ) ~T, - ISTBI'TTI cOsy
* o«  —Ey—EL-0 —T; 0o | <0, (63)
% cR—Ty—TJ 0
| * * * * cR
(oLl 312 0 P+T,+A'T] 0
* éiz N_Elif—J_Egij -1 —ZJTBZTTZ C~E1U‘
* o«  —Ey—EL-Q ~T; Ey | <0, (64)
* * * ¢cR—T4— T4T q
| * * * * cR
1l = Dy + DI+ O+ 1A + AT/, (63)
&> = —Dyy + D}, — T1B,Z; + AT, (66)
©:2 = —Dyy — D} + Evy + Ef; — ThB.Z; — Z/B] T] (67)
o) 6y 0 P+Ti+AJT] cFy
* @sz N_Gli/ + GZJ‘ . —T> - ZN_jTBiTTI CFajj
*  x =Gy -Gy -0 —T3 0 | <0 (68)
* * * CR - T4 - TI 0

* * * * —cR
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o) ek 0 P+Ti+AIT] 0
* éiz —Glij + G;U —Tz - ZJTB,TTI CGlij
x  x =Gy —GL -0 —T5 Gy | <O (69)
x ok * CR—T4—T{ O
* * * * —cR
O = Fiy+ FT,+ O+ ThA, + ATTT, (70)
O = —Fi+ Fy; — T\BiZ; + Al T}, (71
02 = —Fy; — F}, + Gy + Gl — T:B.Z; — Z/B] T}, (72)
diO; — digi +di©ji + g — digj + g C("’J'Fﬁ + dfF}i) <0, (73)
I * —cR
dJ@y + g+ di@ji — djgi + &g — dzg] C<d]Gy + diGjl') < 0. (74)
* —cR

Based on Theorem 1, The following Theorem 2 will give the controller design method.

Theorem 2. The scalars ¢ > 0 are given, the Eq. (10) is asymptotically stable with feedback gains
Z; =T X7, if there satisfy satisfy g((¢)) — di0;(x(¢)) > 0 and &(x(2)) — d;0,(x(¢)) > 0 for all j, x(1),
where 0 < d; < 1, and the following matrices P > 0,R > 0,0 > 0,8 = g7 € R*** > 0(i = 1,2,---,1)

- - A T - . - - - - T 4 A oa T
and  O5=[01; Oy 0 0], Uy=[0 Uy Uy 0],Y=[V1; Y23 0 0],8;=1[0 815 Sz 0]
exist, and make the following LMIs set up:
(B —& <05 _ (75)
* —cR '
(O —g <Uy| _, (76)
* —cR 7
di®i — dig; + & cdi(zy] <0, (77)
* —cR
di®i —dig; + &; CdinJ'] <0, (78)
* —cR
Gyt g+ dibi g —dg g c(40,+40,)] 19
| * —CR
didy+ g+ did; — dig; + & — dig; C(dJU it deii) <0, (80)
L * —cR
©; -8 CY’Z <0 (81)
* —cR ’



Indhu
Highlight
ieqn82


184 TASC, 2021, vol.27, no.1

05— & Sy ] <0, (82)
* —cR
[ di0; — dig; + & Cdif(ij <0 (83)
* —cR ’
[ di0; — dig; + & CdiSjj <0 (84)
* —cR ’
40y + & + d:O; — dig, + &, — dig; c(djf/ij + d"f/ﬂ) <0 (85)
L * —Cjz
d]é,j +g;+ d[éji —dig;+ g — dig; c(djS,] + digji) <0 (86)
L * —C]AZ
where
ol B2 0 P+XT + XA
bo— | @52 Uiy + (727; X" — 4 Y[Bf
Y * * —Uzij—UZsz_Q —6X7 ’
% * R — ta X7 — X

oLl = 0y + 011] + O+ AX +XAT,

22 = —0yy — 03, + Upy + Ul — 6B, — Y] B]

) 2ij
o) o) 0 P+ X"+ 1u,XAT
@[j | o @lzjz —Sl,j + 52 ) —6XT — t4TjTBf ’
* x =Sy — Szy 0 —rXT
kK * R — 1t XT — 1, X

O = Vi + ¥ + O+ AX + XA],
O = —Yi;+ V) — B/Y; + XA],

oy
62 = —Tyy; - 17,

2ij +S111+S

l‘zBiTj — t2TjTBl-T.

lij

Proof. Pre- and post-multiply the diag [X X X X X ]and its transpose to both sides of Egs. (13)—
(24). Let T; = t;,T1(i = 2,3,4), and the new variables are as follows: X = Tfl,f) :XPXT,Q = XoxT7,
O = X0 XT, Oy = X0y X7, Uy = XUy X", Uy = XUyXT, Vi =XV;XT, Yoy = X¥X7,
S1j = XS1;XT, Sy = XSo;XT. With Z = T, X 7,j=1,2,---,1, the inequalities Eqs. (75)~(86) can be
obtained.
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4 Numerical Examples

185

Example 1 [33]. In order to compare the results of Theorem 1 and Corollary 1, stability regions are

shown in Figs. 2(a) and 2(b).
Rule i: y,(2) is M,

(8) = Aiz(¢) + Bu(t),i = 1,2, 1 € [11, 2], 1 € [~10,10]
where

278 —5.63 —a —4.33
Al = s A2 = (0 <a

0.01 0.33 0 0.05
By=[-b+6 —1]"(0<b<25).

<45), B =[2 —1],

We choose the following function as the membership functions of Eq. (87)

01(x)) =1— 1/(1 —4e*<xl+4+"<f>>), 0(x,) = 1 — 0,(z1), n(t) € [~0.25,0.25].

e(r) =1- 1/(1 - 46—(x1+4+o.25))’ fly)=1- 1/(1 _ 48—(11+4—0.25)),
0,(21) =1-0:(11), 02(11) =1-0,(x1)-

Distinct of the above membership, the down and up membership functions of controller are

g(n)=1- 1/3_(X‘+0'15)/2, a0n)=1-¢&0n), a(n) =1~ l/e—(xl—O.IS)/Z’ &) =1-2&(x)

Here, we select ¢ = 0.19,d; = 0.75, and d, = 0.85, and the feedback gains of Z;, j = 1, 2 take the value
when the characteristic root is —5, and we obtain the stability area which is shown in Figs. 2(a) and 2(b)
based on Theorem 1 and Corollary 1. we can see larger stability area can be obtained from Theorem
1 than that from Corollary 1(based on the PDC method), which means that the stability condition under

the incomplete premise matching is less conservative.

25 25

20 00000000000 20

15 OO0 000OOOOOOO0OCO000 15

Kol el

10 0000000000000V OOCO0COOCO000 ot L] xxexxxx

5 00000000000 0000000000000 00OO0O0O000000 g e X XX Xk o x X x x X x| K X X X[x X X X X|X X X X X[X X X X X

0 00 OP OO0 00 (0 BN XX XX X X X XXX X X X XX K X X XX X XK XXX X XXX XX XX

0 5 10 15 20 25 30 35 40 45 0 5 10 15 20 25 30 35 40
a a
(a) (b)

87

Figure 2: (a) Stable area of Theorem 1 with ¢ = 0.19, d; = 0.75, d» = 0.85 (denoted by “0”); (b) Stable

area of Corollary 1 with ¢ = 0.19 (denoted by “x”
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Example 2 Consider the following mechanical system [27]
eif + o1 + on + wa*p® = (1), (88)
Let n(0)=[m@) m@]" =[n il, m@e[-22,e=1,0=24a=03 ad ocl53]

q= — gmin = —10.88, gmax = —5. The mass-spring-damper system in Eq. (88) is
described as:

2

(1) = ZH,-(xl (O)[Ai(x(2)) + Biu(2)], (89)

0 lc 0 lc (1) (1)
dmin  — Az = dmax — — Bz = — |
m m m m

In this example, the lower and upper bounds of the membership functions of the plant in Eq. (89) can be
selected as the same as those in Example 1. However, according to Theorem 2, the membership functions of
the controller cannot be chosen as 0;(x; ), = 1,2. For simplification, they are set to be &(x1), &(x1)j = 1,2,

which satisty ¢ — d;0; > 0 and & — d;i0; > 0,j = 1,2. Using Theorem 2 with d; = 0.75 and d, = 0.85, we
can obtain the maximum value of delay ¢ = 0.12, and the controller gains are:

7, =[—65123 —33432],Z, = [-7.0032 —4.1432].

7B1 =

With the controller gains and membership functions &(x;), &(x1)j = 1,2, the controller in Eq. (6) is
applied to control the mass-spring-damper mechanical system in Eq. (89). The system responses and
control inputs are shown in Figs. 3 and 4, respectively under the initial condition of x(0) =[—1 -1 ]T,
which demonstrate that the proposed controller design method is indeed effective and efficient.

2

5 faeaaa x2[1

1t

0.5

X(t)

ot

0.5F

Figure 3: Answers of the control system in Eq. (10) with ¢ = 0.12
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u(t)

t/s

Figure 4: System control input

Remark 2 Compared with conventional controller design techniques proposed in Lam et al. [6,14—
16,26,27] where the fuzzy regulator is bear on the up and down membership functions of the interval
type-2 model, the membership functions of our networked fuzzy controller are much simpler, thus
significantly enhancing the controller design flexibility.

5 Conclusions

In this article, we investigate the stability and synthesis for the interval type-2 fuzzy systems. A less
conservative stability criterion is got. The stability condition can offer larger stability regions than those
obtained from the traditional PDC scheme. Furthermore, a new design technique under the imperfect
premise matching is developed in order to stabilize the control systems. Distinct of the PDC controller
design method, some simple and certain functions as the membership functions of the fuzzy controller
can be selected. Two numerical examples are used to demonstrate the less conservativeness of the above
methods. They can significantly improve the design flexibility as well as reduce the implementation
complexity of the fuzzy controller.
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