Computer Modeling in & Tech Science Press
Engineering & Sciences -

DOI: 10.32604/cmes.2022.017257

ARTICLE

Performance Analysis of Magnetic Nanoparticles during Targeted
Drug Delivery: Application of OHAM

Muhammad Zafar" ', Muhammad Saif Ullah"", Tareq Manzoor’, Muddassir Ali’, Kashif Nazar’,
Shaukat Iqbal’, Habib Ullah Manzoor’, Rizwan Haider' and Woo Young Kim”"

'Institute of Energy and Environmental Engineering, University of the Punjab, Quaid-e-Azam Campus, Lahore, 54590, Pakistan

*Energy Research Centre, COMSATS University Islamabad, Lahore, 54000, Pakistan

*Department of Energy Engineering, Faculty of Mechanical and Aeronautical Engineering, University of Engineering and
Technology, Taxila, 47080, Pakistan

‘Department of Mathematics, COMSATS University Islamabad, Lahore, 54000, Pakistan

>School of Systems and Technology, University of Management Sciences and Technology, Lahore, 54770, Pakistan

®Department of Electrical, Electronics and Telecommunication Engineering, University of Engineering and Technology, Lahore (FSD
Campus), Faisalabad, 38000, Pakistan

"Department of Electronic Engineering, Faculty of Applied Energy System, Jeju National University, Jeju Special Self-Governing
Province, Jeju-si, 63243, Korea

"Corresponding Authors: Muhammad Zafar. Email: zaffarsher@gmail.com; Woo Young Kim. Email: semigumi@jejunu.ac.kr

*These authors contributed equally to this work

Received: 26 April 2021  Accepted: 03 August 2021

ABSTRACT

In recent years, the emergence of nanotechnology experienced incredible development in the field of medical
sciences. During the past decade, investigating the characteristics of nanoparticles during fluid flow has been
one of the intriguing issues. Nanoparticle distribution and uniformity have emerged as substantial criteria in
both medical and engineering applications. Adverse effects of chemotherapy on healthy tissues are known to be
a significant concern during cancer therapy. A novel treatment method of magnetic drug targeting (MDT) has
emerged as a promising topical cancer treatment along with some attractive advantages of improving efficacy, fewer
side effects, and reduce drug dose. During magnetic drug targeting, the appropriate movement of nanoparticles
(magnetic) as carriers is essential for the therapeutic process in the blood clot removal, infection treatment, and
tumor cell treatment. In this study, we have numerically investigated the behavior of an unsteady blood flow infused
with magnetic nanoparticles during MDT under the influence of a uniform external magnetic field in a micro-
tube. An optimal homotopy asymptotic method (OHAM) is employed to compute the governing equation for
unsteady electromagnetohydrodynamics flow. The influence of Hartmann number (Ha), particle mass parameter
(G), particle concentration parameter (R), and electro-osmotic parameter (k) is investigated on the velocity of
magnetic nanoparticles and blood flow. Results obtained show that the electro-osmotic parameter, along with
Hartmann’s number, dramatically affects the velocity of magnetic nanoparticles, blood flow velocity, and flow
rate. Moreover, results also reveal that at a higher Hartman number, homogeneity in nanoparticles distribution
improved considerably. The particle concentration and mass parameters eftectively influence the capturing effect on
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nanoparticles in the blood flow using a micro-tube for magnetic drug targeting. Lastly, investigation also indicates
that the OHAM analysis is efficient and quick to handle the system of nonlinear equations.
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1 Introduction

Nanotechnology is effectively playing its significant role in numerous fields such as structure,
environment, molecular physics, chemistry, biology, material sciences, computer sciences, engineer-
ing, measurements, imaging, and many other disciplines of science and technology [1-6]. Likewise,
the application of nanoparticles for drug delivery is also one of the critical forefronts of medical
sciences. The use of nanoparticles or nanotubes, as detectors or biosensors, can be exploited as
they suffer changes in their respective electrical properties upon application. Moreover, under the
influence of the magnetic field, such particles can be called as magnetic nanoparticles.

Magnetic nanoparticles typically consist of nickel, cobalt, or iron and are clusters of magnetic
particles where several individual particles are present. By the application of synthesized Fe;C,
magnetic hyperthermia can be studied. Similarly, the intrinsic loss power value and a specific
absorption rate can also be determined. It is a well-known fact that these aspects are much
superior at lower magnetic nanoparticle concentrations [7].

Since blood can be considered a bio-magnetic fluid, prone to be affected upon the magnetic
field’s application, the exploitation of magnetic fluid properties can help improve drug targeting
through the transportation of magnetic particles in the blood [8]. The application of magnetic
nanoparticles in biomedicine offer advantages of stability and size controllability of magnetic
nanoparticles. The magnetic nanoparticle applications have been investigated in several diseases
such as cardiovascular, endovascular, drug targeting, cancer tissues, and hyperthermia treatment
for malignant tumor cells [9-11]. It has been investigated that the blood’s viscosity with magnetic
particles caries from the blood under the magnetic field’s influence [12]. The magnetization of
fluid under the magnetic field’s control, without the electric field’s induction, affects bio-magnetic
fluid flow [12-15]. However, most of these studies did not account for the instability of blood
flow [16]. Various mathematical models considered that the blood flow followed non-Newtonian
fluid properties. The study of non-Newtonian blood flow characteristics in micro-tube under the
magnetic field’s influence is carried out by Shaw et al. [17]. However, Bandyopadhyay et al. [18§]
studied the Newtonian model for investigating the blood flow through a constricted channel.
More interestingly, Shit et al. [19] studied the pulsatile blood flow in an artery environment
under the influence of magnetic dipole. Considering Newtonian fluid properties, various studies
are conducted to investigate the transportation of magnetic nanoparticles, capture efficiency in a
tube for targeted drug delivery, and the effect of nanoparticle augmentation [20-25]. The majority
of these studies are focused on pressure gradient and electrokinetic force, which necessitated the
further exploration of magnetic nanoparticles and blow, together, in a channel, under the influence
of the magnetic field, electrokinetic force, and pressure gradient.

Recently, a semi-analytic approximate method emerged for handling time-dependent partial
differential equations, known as the optimal homotopy asymptotic method (OHAM). Compared
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to numerical methods, the optimal homotopy asymptotic method (OHAM) is powerful and
straightforward. It achieves outcomes more quickly while maintaining acceptable results and good
agreement with numerical methods. This method combines the advantages of the homotopy
principle with an efficacious computational algorithm that gives a thorough and straightforward
approach for controlling solution convergence [26-28]. The main advantage of OHAM is that
it is free of parameters, does not require identifying the A-curve and any guess initial like in
other methods. Moreover, the OHAM consists of inherent convergence criteria like the homotopy
analysis method (HAM), with greater flexibility [29]. The OHAM is not only applicable for
small parameters, but it also demonstrates its reliability and high accuracy to solve nonlinear
systems in engineering and science. There are also few disadvantages of the OHAM. One of
the disadvantages is that a set of nonlinear algebraic equations must be solved in each order of
approximations. Another limitation is that OHAM consists of several unidentified convergence-
control variables, making computations time-consuming [30]. Several nonlinear coupled partial and
ordinary differential systems can be accurately solved using this approach. Many recent studies
have considered using this technique to solve a variety of nonlinear problems [31-33]. However,
to the best of the authors’ knowledge, no attempt is made to investigate magnetic particles and
blood movement through a micro-tube under the influence of external forces using the OHAM.

The present study provides insight into the movement of magnetic nanoparticles in a tube
with blood flow under the collective effect of the electrokinetic force, magnetic field, and pulsatile
pressure gradient. It is well-established that the ability to predict the capture of nanoparticles
under the influence of a magnetic field in vivo is essential. In this study, we solved the govern-
ing equations to predict blood flow and magnetic particle velocity using the optimal homotopy
asymptotic method approach. The parametric study is used here to compute the solutions for
the non-dimensional velocity of magnetic particles and blood. These studies’ findings may further
explore magnetic therapy viability with magnetic nanoparticles to help design medical devices and
drug delivery systems for blood clot removal, infection treatment, and tumor cell treatment.

2 Methodology

2.1 Mathematical Formulation

In the current study, a two-dimensional mathematical formulation based on an unsteady
and incompressible blood flow together with magnetic nanoparticles in a cylindrical vessel under
the presence of a uniform external magnetic field and an axial electric field is considered. The
schematic illustration of the physical problem is presented in Fig. 1, where the r* is the radial
coordinate perpendicular to flow direction. The z* axis is taken along the vessel’s axis. The
length and radius of the vessel are taken as L and h, respectively. It is assumed that the flow
is axisymmetric and developed fully. A coherent magnetic field is employed perpendicular to the
direction of the flow. It is also assumed that the wall zeta potential is constant in an electrolyte
solution of blood near the vessel wall. The pressure gradient (dp*/0z*) is applied along the axis
of the vessel and a no-slip boundary on the wall of the vessel. It is assumed that the micro-vessel
length is significantly larger than its radius, and the magnetic nanoparticles are uniformly dispersed
in the bloodstream. For this case, the magnetic Reynolds number (Rey, = Vyerlrer /vin, Where vyer is
the reference velocity, /. is the reference length scale and v,, is the magnetic diffusivity) is very
low (Re,; << 1), and hence the effect of the induced magnetic field can be neglected during the
present study.
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Figure 1: Schematic representation of the physical problem (Reproduced with permission from

A. Mondal and G. C. Shit, Journal of Magnetism and Magnetic Materials; published by Elsevier
B. V., 2017)
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2.1.1 Distribution of Electrical Potential

For at any point (r*,z*) in the vessel, the total electric potential (¢*) is written as [10]
d)* (V*,Z*) — w* (r*) _ Z*EZ* (1)
where ¥* (r*) and E.* are the potential distribution due to the presence of an electrical double

layer (EDL) and applied electric field, respectively. Electrical potential distribution within the
cylindrical coordinate is defined using the famous Poisson equation form

1 8 do* 92 gp* .
(*¢>+ * _

7+ 9t r+ 0z*2 €

)

where p, and € is the net charge density and permittivity of the medium, respectively.

The overall charge density distribution can be given as the sum of all cations and anions in
the solution, assuming the equilibrium Boltzmann distribution,

ziey*
— , 3
Pe E z,enoexp( i av) 3)

i

where z;, e, n,, kp, and T,, are the valence of type i ions, a charge of an electron, bulk
ionic concentration, Boltzmann constant, and absolute temperature, respectively. Assume that the

thermal energy of the ions is much larger than the electric potential, i.c., Zj:‘l'i <« 1, for which

the Debye-Hiickel linearization principle can be estimated as sznh(““p )~ ““p . According to this

assumption, the overall charge density is the electric charge dens1ty can be further expressed as
2,2

_ 2npzye Y

4
kB Tav ( )

Pe
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Accordingly, Eq. (2) can be rewritten as

Ld (V*d‘”*) _¥ 5)

7 dr dr* ) A D2

22,0.5
where 1/Ap is known as Debye length (EDL thickness) and is described as 1/Ap = (2"0“"‘ ) .

ekpTay
The corresponding boundary conditions are applied to ¢*(r*) are
dyr*
dr*
1//*:5 at r =h (6)

=0 at r*=0

Now, introducing a normalized electro-osmotic potential function ¥ consisting of zeta
potential & of the medium and the non-dimensional coordinates in the form

w* r* Z*
=—, r=—, z=— 7
v : ; ; (7
where /h is the characteristic radius of the micro-vessel.

In terms of the non-dimensional variables described in Eqs. (5), (7) gives

>y ldy
a2 T kv=0 ®)

where kK = h/Ap is known as the electro-osmotic parameter. The non-dimensional form of the
corresponding boundary conditions (6) is expressed as

dd—if =0 at r=0
Yv=1 at r=1 ©)
The electric potential distribution solution from the Eq. (8) by Eq. (9) can be given in the
form of the modified Bessel function of the first kind as
Iy (kr)
Iy (k)

where I, is known as the zeroth-order modified Bessel function of the first kind.

¥ () = (10)

2.1.2 Flow Investigation

The flow of blood together with the magnetic nanoparticle velocity inside a micro-vessel
(assuming cylindrical polar coordinates) is expressed by the governing equation of electron
magnetohydrodynamic [22,34,35]

wur 1ap* ( ur 1 Bu*) N o B | Pz

)

arr pazr

(v —u)

- a2 " rort 0 0 0

We assumed that a spherical magnetic nanoparticle motion in a viscous carrier fluid is
governed by the applied magnetic and electric field effect. The viscous drag and magnetic forces
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during slow motion are responsible forces, and thus ignoring the Brownian motion, the movement
of the nanoparticles is given by the second law of motion (Newton’s) [35-38].

ad
m£=Fm+ﬁ}"+Fe (12)

where m(= 4/3nr13]pp with a particle radius r, and particle density p,) is a single nanoparticle
mass, v*(r*, r*) is a single magnetic nanoparticle velocity, u* (r*, t*) is the axial velocity of blood,
B, is the strength of the applied magnetic field, p* is the fluid pressure, p is the blood density, v is
the kinematic viscosity coefficient, o is the electrical conductivity, N is the magnetic nanoparticles
number per unit volume and Ky = 6w ukEyy,V, (with an effective hydrodynamic radius of the
particle Ej,;, and magnetic drift velocity V;) is Stokes constant [36]. The terms on the right side
of the Eq. (11) are the forces resulting from the relative motion between magnetic nanoparticles
and fluid, the Lorentz force due to the magnetic field and the net electrical body force. The
terms F,,, Fy, and F, on the right side of Eq. (12) are the magnetic, fluidic, and electric forces,
respectively.

If the mass of a particle is likely to be negligible, the inertia term m% can be neglected, and

therefore the motion of the particle must fulfill the force balance Fy, + Fy + F. =0.

By using Stoke’s law for the drag on a sphere, the fluidic force encountered by a particle
(considering low Reynolds number) is estimated by

Fr=—6muEppq,Vy (v* — u*) (13)

If the force acting on the particle is fluidic in one dimension [22,36], i.e., Fy expressed by
Eq. (13), the Eq. (12) becomes

8_v* =K, (u*—v*) (14)

m
ar*
Along the axial direction the pulsatile pressure gradient can be given as [18§]

*

dp

az*
where w'’ is the pulsation frequency, A4 is the pressure gradient constant amplitude, and A4 is the
pulsatile component amplitude that increases periodic pressure in a micro-vessel.

= Ao+ Ajcos (/1) (15)

The boundary conditions for magnetic nanoparticles and fluid velocity can be put mathemat-
ically in the form of

wW=v"=0 at r*=h,

a*

“ =0 at r*=0,

or*

wW=v"=0 at =0, (16)

The following non-dimensional variables can be introduced as

u* V¥ t*v ph
u= 5 V= 5 = —2, p =
Uns Uns h Unsu

(17
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with Ugs = —€E..&/u is the classical electro-osmotic flow velocity, also known as the Helmholtz-
Smoluchowski velocity [39]. In this case, non-dimensional variables described in Eq. (17), the
Egs. (11) and (14) take the following form:

ou > u  10u 2

E:(A(H—Alcosa t)—i—(m—i-;a)%—R(v—u)—Ha u+ky (18)
d

Ga—‘;:(u—v) (19)

and non-dimensional boundary conditions take the following form:

u=v=0 at r=1,

— =0 at r=0,

ar

u=v=0 at (=0, (20)
where Ha = Byh+/o /i is known as the Hartmann number, o = 'h?/v is the Womersley number,

R=k¢Nh?/1u is the particle concentration parameter, and G =mu/ph’k, is defined as the particle
mass parameter.

The dimensionless mathematical expression for the wall shear stress (WSS) t,, and volumetric
flow rate Q is given as, respectively

= (—g—j‘) . @1
1
0=2m /0 u(r,t)rdr (22)

2.1.3 Numerical Method
The optimal homotopy analysis method for the equation is as follows [40]:

&y ldy

@ Ty TRY=0
with boundary conditions
d

d—i’zo at r=0

Yv=1 at r=1

2.1.4 Principle of OHAM
This section describes the OHAM principle, and the following differential equation can be
used to demonstrate the basic concept of the OHAM.

L) +N@u(r)+g@)=0 (23)

It depends on the following boundary condition: B (u) =0.
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where g, B, N, and L are the known analytical function, boundary, nonlinear, and linear operators,
respectively.

First of all, build a series of equations using the OHAM [41,42]

(A=p)[L(P(.p)+g@]—H @) x[L@(t,p))+g(x)+N(¢(r,p)]=0 (24)
with the boundary condition
B(¢ (r,p)) =0 (25)

where p € [0,1], ¢ (r,p), and H (p) are the embedded parameter, unknown function, and nonzero
auxiliary function for p#0 and H (0) =0, respectively. Thus, at p=0 and p =1, it follows that

P (r,0)=up(r), ¢(r,h)=u() (26)

Accordingly, as p rises from 0 to 1, the initial solution ug () moves closer to solution u (7).
Now,

Lup(r))+g(x)=0, B(ug)=0
The auxiliary function can be considered now, which can be expressed in the following way:
H(p)=pCi+p*C+p°Cs... 27

where Cy, Cp, C3 are the constants, which will be later decided.

In the following way, expanding ¢ (t,p) in a series in terms of p

¢ (T.p, Cy=uo () + Y up(r,Cpr. i=1,2,3... (28)
k>1

A series of differential equations with boundary conditions are derived by putting Eq. (28)
into Eq. (24), gathering the same power of p and equating the coefficient of like power p to zero.
As a result, by solving a differential equation with boundary conditions, we get ug (t), uj (t, C1),

u (t,C3), ... etc. In general, the solution of Eq. (23) can be approximated in the following way:
i =ug (1) + )y (7, C) (29)
k>1

The following expression for residual is obtained by substituting Eq. (29) in Eq. (23)
R(x,C)=L (i (x,C)) +g @) +N (@™ (z,C)) =0 (30)

If R(t,C;)) =0 then u(t,C;) represents the precise solution to the problem. In most cases,
especially in nonlinear problems, this does not occur, but we can reduce the functional

b
J(CbCZa C3;Cn)=/ RZ(T5C13C25 C35"'Cn’l)df (31)
a

The constants C; are obtained using the following conditions:

oJ )

aC, (s (32)
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These constants are used to determine the approximate solution (of order m) from Eq. (29).

2.1.5 Application of OHAM
This section describes the OHAM application to the differential Eq. (3). Moreover, we can
build homotopy of the Eq. (3) according to the OHAM [39] as follows:

2

d d? 1d
(I=p —w—(C1p+C2p2+C3p3)[ 4 4

+———k2w]=o (33)

dr? a2 rdr

Considering ¢ as follows:

¥ = o (1) +pyrt (1) + pa (1) (34)

then putting the value of ¢ from the Eq. (5) into Eq. (4), and assuming some simplifications and
reorganizing according to powers of p-terms, it forms as

P vy () =0 33)

C 1 4 " "
WD e — iy 0+ =0 (36)

Cop () Crypy (0)
r r

Pl Crgo () —

PP Covro (r) + K2 Cry (r) — — Oy — Ciy () =¥ (D49, =0 (37)

with the conditions

V(0)=0, Yo (D=1
we get from Eq. (35)

Yo (r)=1

and similarly with the conditions

Y1(0)=0, ¢1(1)=0
we get Y from Eq. (36)

Y1 (r) = % (k2C1 —k2r2C1)

Now for v (r), with the conditions

¥2(0)=0, ¥2(1)=0
we get Yo from Eq. (37)

1
V2 () =5, (12k2 Cy — 12i%17 Cy 424K C3 4 5K* C2 — 24122 CF — 6Kr* CF + K4 CF 4+ 1262 ¢,
—12k2r2C2)
Hence the value of v, is determined from the Eq. ¥y = Vo) + Y10y + Y20 18

v )=k (=1+72) C1+ %kz (—1+407) (-24+42 (-=5+1)) Cf+% (- (-1+7) ) (39
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By the method of least squares, the expression for residual becomes

>y ldy
R=—+-———k
dr? + rodr v
Herewith k=2
1
J= / R2dr (39)
0
The values of constants C; and C, are obtained by setting
aJ aJ
=35 =% B=35 (40)

which give the following values of constants

{{Cy — 0.450322, Cy - —1.92525},{Cy — 0, C; — —0.290698},{C; — —0.450322, C; — —0.12396}} .

Assuming the values of C; = —0.4503218 and C, = —0.1239597, based on these values, the
calculated v is

Yima) =0.0337983 (4 (1 = 5) = 24) (1 = 1) +1.80129 (2 1) + % (0495839 (2 —1)+2)  (4D)

Now for the Egs. (18) and (19) with boundary conditions

3 Pu 19
—u=<Ao+Alcosa21)+ _u+__u +R(v—u)—Hoe2u+kw
ot ar2  r or

i)
Ga—L;z(u—v)

with boundary conditions

u=v=0 at r=1,

u=uo (r, ) + puy (r, 1) + p*ua (r, t) + pus (r, 1) (42)
and

v=v0 (1, 0) +qvi (50 + ¢ va (1,0 +¢v3 (1, 0) 43)
According to OHAM for Eq. (42)

3
20 20+ Ay + Ajcos (azt) —0 (44)
ar?
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2 uo
2 0“u, 13 (r,0)
p C1Hjug (r,t) + C1 Rug (r, 1) — C1Rvy (7, Z)+C1 (V H—C—= 52 ( H——or 77
RGO L(r, 1) = Ay — C1Ag — A1 Cicos (a z) — Ajcos (a z) —Ciky =0 (45)

p2: Czngo (r,t)+ C1H§u1 (r,t) + CoRug (r,t) — C1 Ruy (r,t) — CoRvg (r,t) — C1 Rvy (1, 1)

au 3%ug Cz% (r, 1) ou1 3%u 1% (r0  8u
Co—r,t)—Cr—(r,t) - —L —~ + C;— (1, ¢ C— f) — r t
+2at(r,) 28r2(r,) . +18t(r’) 15,2 (0 . a2()
82
+ 222 1) — 4gCy— A1 Crcos (azt) — Cokp =0 (46)
ar?
Now the formulation of OHAM for Eq. (43)
qOZV()(V,l)—uO(V,l):O (47)
0
q': —ClG% (r,0) + Crug (r, 1) — Cyvg (r, ) +ug (r, 1) —uy (r,8) —vo (r, ) + vy (1, 1) =0 (48)

av av
- CzGa—tO (r,0) — ClGa_tl (r, )+ Covo (r, ) + Cruy (r, 1) — vi (1, 1)

—Covo (r,t) = Cyvi (r, ) +uy (r, ) —up (r, 1) +v2 (r,£) =0 (49)
with the conditions

0

20.0=0. uw(n=1

we get from Eq. (44)

1 2 2 2 2
ug (r,t) = 3 (—A —0.r"+ Ay — A1r°cos <a t) + Aj cos <a Z))
now with the conditions
0
SEO.0=0. wn=1

we get from Fq. (45)

uy (r 1) =§C1 (r2 — 1) {A0H§ 2 SAGH? — 1240+ A ( (r2 —5) - 12) cos (oezt)
eys <r2 - 5) sin (azt) + 12k1//}

for us(r, 1), with the following conditions

0
igmn—-,uan=0
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we get from Eq. (46)

w (r, 1) = — 7;—0 (r2 - 1) x {C% (Angr“ — 14AgH* P + 6140 H: — 7040 H2 + 470 A0 H2 + 7204,
— 2624, sin <a21) (5 <r2 (BGR—7T) — 15GR+47) + H> <r4 142 + 61))
Ay (Hy (74 =142 61) + HZ (470 -707) — a* (+* = 1417 + 61) +720) cos (1)
+30H2kr Y — 150HZ ey — 720k )
=30 (AoHZr? = SA0HZ — 1240 + Ay (HZ (= 5) — 12) cos (o)
— o’ 4, <r2 . 5) sin <a2t) +12ky ) — 30C (AOngZ — SAGH? — 124,
+ oA (H§ (r2 _ 5) — 12) cos ((xzt) — 24, <r2 — 5) sin (azt) n 12k¢)}

now the equation

u=up (r,) +uy (r,0) +ux (r, 1)

Becomes

u(r, 1) =71%(r2 ~x (C% (— (Angr“ — 14AgH P + 6140 H: — 7040 H2 + 470 AgH2 + 7204,
— 20 4ysin (o%) (5 (PGGR-T) — 15GR+47) + H2 (1* — 14 +-61)
A1 (HP0* =147 4+ 61) + HZ (470 = 701) — o — 147 + 61) +720) cos (o)
+30H2Kr Y — 1S0H2K Y — 720Ky ) ) + 60C (AOngZ — SAGH? — 124,
4, (H§<r2 _5)— 12) cos <a2t> — 24, <r2 — 5) sin(a?t) + 12k )
+30C, (AoHZr? = SA0H — 1240 + Ay (HZ (= 5) — 12) cos (o)
— 24, <r2 — 5) sin (azt) 12k — 360 (Ao + Aycos (azt)))

Now using the relationship
VO(V,I)—MO(V,I)ZO

we get

vo (r,t) = —% <r2 — 1) (Ao + Ajcos <a2t>)
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Again using the relationship
av
-C Ga_to (r,0) + Crug (r, 1) — Cyvo (r, 0) +ug (r, ) —uy (r,0) —vo (r, ) + vy (1, 1) =0
gives

vy (1) =21—4q (r2 _ 1) {AOngZ — SAGH? — 1240+ a4, (12G— P2 5) sin (a2t>

+ Ay (Hg <r2 - 5) - 12) cos <a21) + l2kg//}
Similarly with
vy avy
- CzGE (r, 1) — CIGW (r, 1) + Coug (r, 1) + Cruy (r, 1) — Covo (r, 1) — Cyvy (r, 1) +uy (1, 1)

—uz(r,t)—vl(r,t)+v2(r,t)=O

we get

V2, f) = — 7;—0 (r2 - 1) (C% (Angr“ — 14AgHA P + 6140 HY — 7040 H2 + 470 AgH2 + 7204,
+ 4 cos (1) (—a* (36067 =306 (2 = 5) +r* — 147+ 61) + Hj (* — 147 + 61)
+ H> (470 - 70r2> +720) + 20241 sin (azt) <lSG <H§ <r2 - 5) — 2R+ 5R— 24)
+ 12 (= (* =142 +61)) +5 (72 = 47) ) + 30H2kr>y — 150HZky — 720ky))
=30 (AoHZr? = SA0H — 1240+ 0241 (12G = 12 4 5) sin (o)
+ 4y (H2 (= 5) = 12) cos (o) +12ky)
—30C; (AoHZr? = SA0H} — 1240 + 0241 (126 = 12 4 5) sin (o)
+ Ay (H2 (= 5) = 12) cos (o71) + 12kv') )

Now with the equation

v(r,t)=vo(r,t) +vi (r,0) +va(r, 1)
gives
1
V) == (r2 - 1) x (Cf (— (AOng“ — 14AGH " + 61 A0 H — 704 H2r* + 470 Ao H2 + 7204,
+ Ajcos <a2t) <—a4 <36062 ~30G <r2 - 5) 142 61) +H <r4 — 147 + 61)

+H7 (470-702) +720) + 202 Aysin (1) (156G (H2 (2 = 5) - R+ SR - 24)



736 CMES, 2022, vol.130, no.2

+HE (= (P =142 +61)) +5 (77 = 47) ) + 30HZKy — 1SOHZky — 720k ) )
+60C) (AgH2r = SAGH? — 1240 + o4y (12G 12 + 5 ) sin (o)
+ Ay (H2 (2 = 5) = 12) cos () + 124y )
+30C, <A0H§ 2 SA0H? — 1240+ A, (12(; —P2 4 5) sin <a2t)
+ 41 (H2 (= 5) = 12) cos (o) + 12k ) = 360 (Ao + Aycos (o))
The residue term for the function u (r, 1) is
Ry = Ag + Ajcos (ozzl) +H? (—u) + kg + g + RO —u) —uit+uar
Now from Eq. (31), the value is taken. And, the function v(r,7) of the residue term is
Ry=Gvit—u+v

The description of the process for the initial guess required to initiate the OHAM process is
given in detail somewhere else [31-33].

2.1.6 Non-Dimensional Velocity of the Blood
Using the least square method

1
Jq :/ R%dr
0

and with the setting
aJ1 aJ1

=—=0, E = — = O
aC, 279G,

various values of Ha were obtained from the following C; and C,, as given in Table 1. The values

of C; and C, correspond to the values of u(r, ), which were obtained from the Eqs. (50)—(53),

E,

U(G=02:  Ha=0.0) = —0.0676363r° —0.145816r* — 0.0273932r + 0.240846 (50)
U(G=02:  Ha=0.5) = —0.000912755r% —0.0668992r% — 0.140566r* — 0.0216035+* + 0.229982 (51)
U(G=02:  Ha=1.0) = —0.00339879r% —0.0646821r° — 0.125229r* — 0.0090839r2 + 0.202394 (52)
UG=02: Ha=1.5) = —0.00640847r% —0.0617458° —0.105748r* — 0.005880067* 4 0.1680 (53)

Now with G=0.8 and k=2, the values of C; and C, estimated are given in Table 2,

The values of C; and C, correspond to the values of u(r,?), which were obtained from the
Eqgs. (54)—(57),

U(G=0.8:Ha—0.0) = —0.0677117% — 0.14607r* — 0.026579r% 4 0.240364 (54)
U(G=0.8:Ha=0.5) = —0.0009884967° — 0.0668579r° — 0.140075r* — 0.021683 17 (55)
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U(G=0.8:Ha=1.0) = —0.00347469r® — 0.0646326r° — 0.124696r* — 0.00931385r +0.202117 (56)
U(G=0.8:Ha=1.5) = —0.00647231r% — 0.0617069r° — 0.105293r* — 0.00562897r% 4 0.167843 (57)

Table 1: Values of C;, C», and Ha
G=02,a=1,4y=0.04, A;=0.05 t=04, k=2, R=0.5

Ha Ci (&)

0.0 —0.47348437357432577  —0.0018060881367841341
0.5 —0.5692728906501098 —0.023797271703085977
1.0 —0.5492571445724187 —0.05474990861904311
1.5 —0.5028047047611355 —0.09068981652917583

Table 2: Values of C;, Cp, and Ha
G=08, a=1, Ag= 0.04, 41=0.05, r=04, k=2, R=10.5

Ha C1 C2
0.0 —0.6082048900431564  —0.024438174131761844
0.5 —0.592421560850856 —0.0325843177362856

1.0 —0.5553557302151537  —0.057255214854855685
1.5  —0.5053028348292418  —0.09177674354605969

The values of C; and Cj given in Table 3 correspond to the values of u(r,?), which were
obtained from the Egs. (58)—(61),

U(R=0.2:4—5) = —0.0688729r% — 1.10898:° 4- 1.35454* — 0.248887+* +0.072205 (58)
U(R=0.2:4=10) = —0.285441r% — 4.04602r° 4 6.8778/* — 2726691 +0.180353 (59)
U(R=0.2:4—15) = —0.4832187% — 6.83683r° 4 12.098+* — 5.1206r% 4-0.3423 (60)
U(R=0.2:4=20) = —0.668371r8 —9.46495r° 4-16.943r* — 730157+ +0.49192 (61)

Table 3: Values of C;, C», and k
R=02 G=08, a=1, 4g=0.04, 4, =0.05, t= 04, Ha= 1.0
k C (&)

5.0 —0.5437380632708464 —0.052117311320415374
10.0 —0.565736351087867 —0.06191105754927215
15.0 —0.5651479813358796 —0.0615198548307568
20.0 —0.5646527523005344 —0.06123350486932532
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Now change R = 0.8 and keep the other values constant, employing the similar process as
earlier. The obtained values of C; and C, are given in Table 4.

Table 4: Values of C;, C5, and k
R=08,G=08,a=1, 49=0.04, 4;=0.05, t= 04, Ha= 1.0
k C (&)

50 —0.5607413068918593 —0.059511847562198704
10.0 —0.5663038357642647 —0.062126255520968586
15.0 —0.5650553866815795 —0.06144375662102071

20.0 —0.564577399617648 —0.061175861267200295

The values of C; and C, correspond to the values of u(r,?), which were obtained from the
Eqgs. (62)—(65),

U(R=0.8:k=5) = —0.0732477r® — 1.092817° + 1.34097r* — 0.2473r% 4-0.0723877 (62)
U(R=08:k—10) = —0.2860114r® — 4.042961° 4 6.87418r* — 2.72611r* 4 0.180906 (63)
U(R=0 8:k=15) = —0.483059r% — 6.83694r° 4 12.0983r* — 5.12125/ +0.342917 (64)
U(R=0 8:k=20) = —0.668193r% —9.46518/° 4-16.9431/* — 7.30228/% +0.492538 (65)

2.1.7 Non-Dimensional Velocity of the Magnetic Particles
Here with G=0.2, a =1, Ag =0.04, A] =0.05,t =04, k=2, and R = 0.5. Using the similar
technique as earlier, the obtained values of C; and C, are given in Table 5.

Table 5: Values of C;, C», and Ha
G=02,a=1,4y=10.04, 4;=0.05 =04, K=2, R=10.5
Ha Ci &)

0.5 —0.745377583865069 —0.3169455438374491
1.0 —0.5413877152642522 —0.08222115108082334
1.5 —0.42812472950112357 —0.04166483551669822
0.5 —0.745377583865069 —0.3169455438374491

The values of C; and C; correspond to the values of v(r,¢), which were obtained from the
Eqgs. (66)—(69),

V(G=0.2:Ha=0.5) = —0.00156483r% — 0.0896787r° — 0.187237r* — 0.0117434r% +0.290224 (66)
V(G=02:Ha=1.0) = —0.0033021r% — 0.0688638° +0.134943r* — 0.00777963r% + 0.214888 (67)
V(G=0.2:Ha=1.5) = —0.00464619r% — 0.0587032r° 4-0.107624r* 4-0.000175758+> +0.170798 (68)

V(G=0.2:Ha=2.0y = —0.00576437r% — 0.0521851° — 0.08900367* — 0.00905037+ +0.137935 (69)
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Here with G=0.8, a =1, Ay =0.04, A1=0.05, t =0.4, k =2, and R=0.5. Using the similar

technique as earlier, the obtained values of C; and C; are given in Table 6.

Table 6: Values of C;, C, and Ha
G=08, a=1, 4p=0.04, 4;=0.05, t=04, K=2, R=0.5
Ha (&)

0.5 —0.8642192897807239 —0.4289745642530052
1.0 —0.4255626954715762 0.12539386406733327
1.5 —0.3110121889732897 0.10870263321773127
0.5 —0.25584997322744757  0.07712899536975006

The values of C; and C; correspond to the values of v(r,#), which were obtained from the

Eqgs. (70)—(73),

V(G=0.8:Ha—0.5) = —0.00210359r% — 0.0836912r° —0.1729117* — 0.00175032+ + 0.256955
V(G=0.8:Ha=1.0) = —0.00204033r® — 0.0433469r° — 0.0853675r* — 0.0190785r% 4 0.149833
V(G=08:Ha=1.5) = —0.00245195/* — 0.0363147/° — 0.0687882r* + 0.0166927+* + 0.124248
V(G=0.8:Ha=2.0) = —0.002949887® — 0.0327739r° — 0.0594514r* — 0.0111314r% +0.106307

(70)
(71)
(72)
(73)

Now with G=0.2, a =1, t=0.4, Ay =0.04, Ay =0.05, Ha = 1.0, and R = 0.2. Using the
similar technique as earlier, for various values of k, the obtained values of C; and C, are given
in Table 7. The calculated values of C; and C, correspond to the values of v(r, ), which were

obtained from the Eqs. (74)-(77).

Table 7: Values of C;, (o, and k

R=02,6G=02, a=1, 40= 0.04, 4;,=0.05, 1= 04, t= 04, Ha= 1.0

k Ci &)

5.0  —0.4023180041561102  0.12871858990870247
10.0 —0.402318004174394 0.12871858990113152
15.0 —0.40231800418269276 0.12871858989769275
20.0 —0.40231800416157826 0.12871858990643142

V(R=02: k=5) = —0.0377058® —0.752568r° 4 0.9090217* — 0.181581r% +0.0628341
V(R=0.2: k=10) = —0.144353r® — 2.82097r° 4 4.69388r* — 1.86511r* 4 0.136552
V(R=0.2: k=15) = —0.244882r% — 4.77073r° +-8.25918r* — 3.48991+? 4 0.246352
V(R=02: k=20) = —0.3393087® — 6.60425/° + 11.5653r* — 4.969461% 4-0.347747

(74)
(75)
(76)
)

Now with G=0.8, a =1, t=0.4, Ag=0.04, A{=0.05, Ha = 1.0, and R = 0.2. Using the similar
procedure as earlier, for various values of k, the following values of C; and C, were estimated as
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given in Table 8. The values of C; and C, correspond to the values of v(r,¢), which were obtained
from the Egs. (78)—(81).

V(R=08:k=5) = —0.0478813r% — 0.761832r° 4-0.931241* — 0.184997+% 4+ 0.0634709 (78)
V(R=0.8:k=10) = —0.183309r — 2.8402/° 4-4.79645/* — 1.91207/ +0.139133 (79)
V(R=0.84=15) = —0.310967r® — 4.79937r° 4 8.43696r* — 3.57845/* +0.251828 (80)
V(R=0.8k=20) = —0.430875r® — 6.64229r° +-11.8131/* — 5.09584+ + 0.355896 (81)

Table 8: Values of C;, C;, and k
R=02,G=08 a=1, Ag= 0.04, 41=0.05, t=04, t= 04, Ha= 1.0
k i 6}

5.0 —0.4533653344263762  0.11774357538533721
10.0  —0.4533653344113698  0.117743575394957

15.0 —0.45336533441706106 0.11774357539130137
20.0 —0.4533653344294546  0.11774357538336469

2.1.8 Physical Properties

Values of various physical parameters and properties used during this study are given in
Table 9.

Table 9: Physical parameters/properties

Physical variables Values with SI units
The radius of the micro-tube (h) 10 um

Tube length (L) 0.005 m

Charge of the electron (e) 1.6 x 1071 C

Zeta potential (¢) 5x 107V
Electric field force (Ez*) 5x 1073V
Boltzmann constant (kg) 1.38 x 1073 J/K
Bulk ionic concentration (ng) 100 mol/m3

Average temperature (Tav) 300 K

The valence of ions (Zv) 1

The permittivity of the fluid (e) 53 x 10719 C/Vm
Electrical conductivity (o) 0.5 S/m

Particle radius (rp) 5x 1077 m
Particle density (pop) 5 x 10° kg/m?
Particle mass (m= 4/ 3 rrr;,op) 26.19 x 10720 kg
Magnetic drift velocity (Vr) 1.4 x 107 m/s
Number of particles (N) 3.78 x 10%

Blood viscosity (u) 4 x 10 3 kgm~!s™!
Blood density (p) 1060 kg/m?

Applied magnetic field (Bg) 1-100 T
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3 Results and Discussion

3.1 Non-Dimensional Velocity of the Blood as a Function of Ha at G = 0.2

In Fig. 2, the Hartmann number (Ha) influence was studied at four different values; however,
the particle mass parameter (G) was 0.2. The non-dimensional velocity («#) of the blood varied at
various values of Ha, but at the end, velocity converged at r = /.

— Ha=0.0 Ha=0.5 — Ha=1.0 — Ha=1.5
u(r)

0.251

0.20

0.15+

0.05}

0.2 0.4 0.6 0.8 1.0

Figure 2: Non-dimensional velocity of the blood as a function of Ha at G= 0.2

3.2 Non-Dimensional Velocity of the Blood as a Function of Ha at G = 0.8

In Fig. 3, the Hartmann number (Ha) effect was studied at four different values; however,
the particle mass parameter (G) was kept at 0.8. Figs. 2 and 3 showed a similar trend despite
increasing G, i.e., 0.8. Fig. 2 described the influence of Ha on the non-dimensional velocity of
the blood. The blood’s non-dimensional velocity varied at various values of Ha, but in the end,
velocity converged at r = 1.
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Figure 3: Non-dimensional velocity of the blood as a function of Ha at G= 0.8

3.3 Non-Dimensional Velocity of the Blood as a Function of k at R = 0.2
In Fig. 4, the effect of an electro-osmotic parameter (k) was studied at four different values;
however, the particle concentration parameter (R) was kept at 0.2. Fig. 4 trend was sinusoidal
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except at the curve where k = 5. The figure described the effect of varying k& (from 5 to 20 with
increments of 5) on the non-dimensional velocity of the blood. The non-dimensional velocity of
blood changed as sinusoidal at four various values of k, but in the end, velocity converged at r =
1. It can be seen that the velocity declined as k rises until » = 0.3, and the final solution converged
at r = 0.3. Hereafter, the velocity once more dropped then rises up to r = 0.8, where the curves
converged, rose over with the last drop, and ultimately converged at r = 1.

— k=5 — k=10 — k=15— k=20

Figure 4: Non-dimensional velocity of the blood as a function of k at R= 0.2

3.4 Non-Dimensional Velocity of the Blood as a Function of k at R = 0.8

In Fig. 5, the effect of an electro-osmotic parameter (k) was studied at four different values;
however, the particle concentration parameter (R) was kept constant at 0.8. Fig. 5 trend was
sinusoidal except at the curve where k = 5. The figure described the effect of varying k& (from 5
to 20 with increments of 5) on the non-dimensional velocity of the blood. The non-dimensional
velocity of blood changed as sinusoidal at four various values of k, but in the end, velocity
converged at r = I. It can be seen that the velocity declined as K rises until r = 0.3, and the final
solution converged at r = 0.3. Hereafter, the velocity once more dropped then rises up to r = 0.8,
where the curves converged, rose over with the last drop, and ultimately converged at r = 1.

u(r)
-~
1.‘-\
0.4F ~
~ -
| - ~ ” »
Tk % .
S, 0N e iy
~ b
0.2 M g%, NN
——— T ———ta M
-a. AN — » WY,
- %A Ly 2 S
———————— A o o ‘s
2 -
i W . Pl ]
N~ ’ r
0.2 . ~-0.4 0.6 _~ ‘f 0.8 1.0
Ny e o 'y
\\\_\ = ’I 3
-0.2) T o
\\ W B )
~ e s
~ ’,
~ .
-0.4F R

Figure 5: Non-dimensional velocity of the blood as a function of £ at R= 0.8
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3.5 Non-Dimensional Velocity of the Magnetic Particles as a Function of Ha at G= 0.2

In Fig. 6, the Hartmann Number effect was studied at four different values; however, the
particle mass parameter (G) was kept constant at 0.2. The magnetic particle’s velocity (v) varied
at four various Ha values, but in the end, velocity converged at r = /. The velocity of magnetic
particles declined as the Hartmann number increased from 0.5 to 2.0 (with increments of 0.5).

— Ha=0.5 — Ha=1.0 — Ha=1.5 — Ha=2.0

v(r)
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. : - : r
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Figure 6: Non-dimensional velocity of the magnetic particles as a function of Ha at G= 0.2

3.6 Non-Dimensional Velocity of the Magnetic Particles as a Function of Ha at G = 0.8

In Fig. 7, the Hartmann Number effect was studied at four different values; however, the
particle mass parameter (G) was kept constant at 0.8. The magnetic particle’s velocity (v) varied
at four various Ha values, but in the end, velocity converged at r = I. The velocity of magnetic
particles declined as the Hartmann number increased from 0.5 to 2.0 (with increments of 0.5).
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Figure 7: Non-dimensional velocity of the magnetic particles as a function of Ha at G= 0.8

3.7 Non-Dimensional Velocity of the Magnetic Particles as a Function of k at R = 0.2
In Fig. 8, the effect of an electro-osmotic parameter (k) was studied at four different values;
however, the particle concentration parameter (R) was kept at 0.2. Fig. 8 trend was sinusoidal
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except at the curve where k = 5. The figure described the effect of varying k& (from 5 to 20 with
increments of 5) on the magnetic particles’ velocity.

— k=5 k=10 — k=16 — k=20
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Figure 8: Non-dimensional velocity of the magnetic particles as a function of k at G= 0.2

3.8 Non-Dimensional Velocity of the Magnetic Particles as a Function of k at R = 0.8

In Fig. 9, the effect of an electro-osmotic parameter (k) was studied at four different values;
however, the particle concentration parameter (R) was kept constant at 0.8. Fig. 9 trend was
sinusoidal except at the curve where k = 5. The figure described the effect of varying k (from
5 to 20 with increments of 5) on the magnetic particles’ non-dimensional velocity. The magnetic
particles’ non-dimensional velocity changed as sinusoidal at four various values of k, but in the
end, velocity converged at r = . It can be seen that the velocity declined as k rises until r = 0.3,
and the final solution converged at r = (.3. Hereafter, the velocity once more dropped then rises
up to r = 0.8, where the curves converged, rose over with the last drop, and ultimately converged
at r=1.
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Figure 9: Non-dimensional velocity of the magnetic particles as a function of k£ at G= 0.8
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3.9 Non-Dimensional Velocity of the Blood

The particle mass parameter (G) was chosen as 0.2 or 0.8. The non-dimensional velocity of
blood decreased as the Hartmann number increases, i.e., Ha= 0.0 to 1.5 (with increments of 0.5).
The declining value of velocity was owing to two factors specifically: electrical conductivity (o)
and radius of micro-tube (#). When /4 increased, the Ha also increased, thus increasing Ha led to
a decrease in the value of velocity, the non-dimensional velocity of the blood. The existence of
a Lorentz resistive force opposes the flow of blood during the interaction with a magnetic field,
which results in a decline in velocity of the blood with augment in Ha.

When / increased, o also increased due to the presence of EDL at the boundary of the
micro-tube, so eventually, velocity also increased. Changing the value of G from 0.2 to 0.8, all
the effects were the same as discussed above. It can be seen in Figs. 2 and 3.

Selecting particle concentration parameter (R) as 0.2 or 0.8 and changing the value of electro-
osmotic parameter, i.e., k= 5 to 20 (with increments of 5), the non-dimensional velocity of the
blood exhibited sinusoidal behavior. This sinusoidal behavior was due to the radical relationship
of Debye length (EDL thickness). The presence of EDL at the micro-tube circumference gave an
increase to a higher bulk ionic concentration (ng) at circumference only. Thus, the sinusoidal curve
at k= 10 had a lower value of velocity than k= 20. At k= 5, the curve converged only at r= 1,
therefore, giving the most appropriate result. As the velocity did not decrease, instead, it increased
for some values of r. The results are shown in Figs. 4 and 5.

3.10 Non-Dimensional Velocity of the Magnetic Particles

Choosing particle mass parameter (G) as 0.2 or 0.8, the non-dimensional velocity of blood
decreased as Hartmann number rises, i.e., Ha= 0.0 to 1.5 (with increments of 0.5). The declining
value of velocity resulted from two factors: electrical conductivity (o) and micro-tube radius (h).
When h increased, the Ha also increased, so increasing Ha decreased the non-dimensional velocity
of magnetic particles. This is most likely due to increasing the strength of the magnetic field in
the micro-tube. Furthermore, as the particle mass parameter (G) is increased, the particle velocity
decreases. This decline in the velocity is most probably as a result of the aggregation of the
magnetic particles. When / increased, o also increased due to EDL at the micro-tube boundary,
so ultimately, velocity also increased. It can be seen in Figs. 6 and 7.

Selecting particle concentration parameter (R) as 0.2 or 0.8 and changing the value of an
electro-osmotic parameter, i.e., k = 5 to 20 (with increments of 5), the non-dimensional velocity of
magnetic particles showed sinusoidal behavior. The magnetic particle’s velocity varied as sinusoidal
at four various Ha values, but in the end, velocity converged at »r = 1. This sinusoidal behavior
was due to the radical relationship of Debye length (EDL thickness). The presence of EDL at the
micro-tube circumference contributed to a higher bulk ionic concentration (ng) at circumference
only. Thus, the sinusoidal curve at k = 10 had less velocity than k = 20. At k= 5, the curve
converged only at » = 1, therefore, giving the most appropriate result. As the velocity did not
decrease, instead, it increased for some values of r. The results are shown in Figs. 8§ and 9.

4 Validation

To validate the computational results of the current study, the calculated blood velocity from
this study has been compared with the Crank-Nicolson method computing the characteristic of
blood flow [16]. Table 10 presents the comparison of OHAM calculated results with the Crank-
Nicolson values for the blood flow. The OHAM computed the parametric conditions precisely by
giving a similar trend along the radius of the micro-tube, as shown in Table 10. It can be seen
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that OHAM results are in accordance with the Crank-Nicolson results for the blood flow. These
computed results demonstrate that the OHAM performs satisfactorily and is valid. Accordingly,
the OHAM approach can be used to predict the performance of magnetic drug targeting.

Table 10: Comparison between Crank-Nicolson and OHAM for blood velocity (dimensionless)

R=0.5,G=08, k= 0.0, Ha= 2.0

r u (Crank-Nicolson) u (OHAM)
0.00 0.2 0.2
0.10 0.1985 0.19995
0.20 0.19362 0.19967
0.30 0.18555 0.19796
0.40 0.17467 0.19483
0.50 0.15824 0.18885
0.60 0.13897 0.17741
0.70 0.1131 0.15815
0.80 0.08152 0.12655
0.90 0.04436 0.07478
1.00 0.00019 0.00047

5 Conclusion

The present investigation focuses on a theoretical analysis of the blood flow and moment
of magnetic nanoparticles inside a cylindrical micro-tube under the influence of both a magnetic
field and an electric potential. The Debye-Hiickel approximation is used to determine the electro-
osmotically steered capillary dynamics of blood inside a micro-tube. In this study, we found
that the non-dimensional velocity of magnetic particles and non-dimensional velocity of blood
may depend upon various constants and parameters like electro-osmotic parameter (k), particle
concentration parameter (R), particle mass parameter (G), and Hartmann number (Ha). Using the
OHAM approach, the dimensionless form of governing equations was numerically computed and
showed rapid convergence. Maximum velocity of magnetic particles is achieved along the center of
the micro-tube. The moment of the magnetic particles can be controlled by altering the strength
of the axially applied electric field as well as the magnetic field. In order to validate our computed
results, we compared them with the relevant data, which revealed reasonable agreement. From this
study, we can deduce that the flow of blood and magnetic particles can be substantially enhanced
by adjusting the magnitudes of the transverse electric field and the applied magnetic field. It may
be deduced that the presence of magnetic nanoparticles in blood fluids could be beneficial in
therapeutic solicitations, especially in the case of drug delivery. This analysis of nanofluids reflects
the escalation findings in thermal levels by accumulating additional nanoparticles to the primary
liquids. It was found that by the levels by accumulating different nanoparticles, the capacity of
thermal conduction of the base liquid intensified. Such investigation was also established for
the magnetic nanoparticles, as indicated in the results. The greater and intensifying effect of
nanoparticles may lead to better drug delivery.
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